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ABSTRACT

Facilitating communication using a digital signature
includes: communicating software to a first party; receiving
from the first party public keys of public-private key pairs
generated using the Software; and recording in a database the
public keys in association with information pertaining to the
software. The key pairs have the same private key. The
Software additionally provides digital signatures utilizing
this private key. Each public key of these key pairs is
generated, in part, based on data that is specified by the first
party.
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SOFTWARE FOR PROVIDING BASED ON
SHARED KNOWLEDGE PUBLIC KEYS HAVING
SAME PRIVATE KEY

communications including electronic financial transactions,
and still more particularly to aspects of providing additional
security by use of shared knowledge in an ECC determin
istic function.

CROSS REFERENCE TO RELATED
APPLICATIONS

0001. This application claims priority to U.S. Provisional
Patent Application No. 60/641,957 filed Jan. 7, 2005 entitled
“Soft Token: Offset Inventions, and U.S. Provisional Patent

Application No. 60/641,958 filed Jan. 7, 2005 entitled “Soft
Token: Passphrase Inventions, the disclosures of which are
incorporated by reference herein in their entireties.
0002 This application is also related to the following
U.S. patent applications, the disclosures of which are incor
porated by reference herein in their entireties:
0003) 1. U.S. patent application “ASYMMETRIC
KEY CRYPTOSYSTEM BASED ON SHARED

KNOWLEDGE filed on Aug. 8, 2005;
0004 2. U.S. patent application “PROVIDING DIGI
TAL SIGNATURE AND PUBLIC KEY BASED ON

SHARED KNOWLEDGE filed on Aug. 8, 2005;
0005) 3. U.S. patent application “VERIFYING DIGI
TAL SIGNATURE BASED ON SHARED KNOWL

EDGE' filed on Aug. 8, 2005;
0006 4. U.S. patent application “DIGITAL SIGNA
TURE SYSTEM BASED ON SHARED KNOWL

EDGE' filed on Aug. 8, 2005;
0007) 5. U.S. patent application “PROVIDING CRYP
TOGRAPHIC KEY BASED ON USER INPUT

DATA filed on Aug. 8, 2005;
0008 6. U.S. patent application “GENERATING
PUBLIC-PRIVATE KEY PAIR BASED ON USER

INPUT DATA filed on Aug. 8, 2005;
0009. 7. U.S. patent application “GENERATING
DIGITAL SIGNATURES USING

EPHEMERAL

CRYPTOGRAPHIC KEY filed on Aug. 8, 2005;
0010) 8. U.S. patent application “FACILITATING
DIGITAL SIGNATURE BASED ON EPHEMERAL

BACKGROUND OF THE INVENTION

0014. A cryptosystem is a method of disguising messages
so that only certain people can see through the disguise and
interpret the message. Cryptography is the art and Science of
creating and using cryptosystems. Cryptosystems and cryp
tography are often used in connection with the conduct of
electronic transactions and communications such as, for

example, electronic financial transactions. Basically, a cryp
tosystem involves the generation of an encryption key that
is used to encrypt a message; only a person that has a
corresponding decryption key can decipher the message.
0015 There are two principal types of cryptosystems:
symmetric and asymmetric. Symmetric cryptosystems use
the same key (a secret key) to encrypt and decrypt the
message. Asymmetric cryptosystems use one key (for
example a public key) to encrypt a message and a different
key (a private key) to decrypt the message. Asymmetric
cryptosystems are also called “public key” or “public key/
private key cryptosystems.
0016 Symmetric cryptosystems have the following
inherent problem: how does one transport the secret key
from the send of a message to the recipient securely and in
a tamperproof fashion? If someone could send the secret key
securely, then in theory he or she would not need a crypto
system in the first place—the secure channel could be
simply used to send the message. Often, trusted couriers and
digital certificates are used as a solution to this problem.
Another method for communicating symmetric keys (as well
as messages) is the well-known RSA asymmetric public key
cryptosystem, which is used in the popular security tool
Pretty Good Privacy (PGP).
0017 Another asymmetric cryptosystem is elliptic curve
cryptography (ECC). This methodology, which is explained
in greater detailed below, is an approach to public key/
private key cryptography based on the mathematics of
elliptical curves. An elliptical curve is a set of Solutions (X,

PRIVATE KEY filed on August 2005; and
0011 9. U.S. patent application “DIGITAL SIGNA

y) to an equation of the general form y=x-ax+b, which is

TURE SOFTWARE USING EPHEMERAL PRIVATE

an equation of the form (y-a)=r’-(x-b), where a and b are

KEY AND SYSTEM filed On Aug. 8, 2005.
COPYRIGHT STATEMENT

0012 All of the material in this patent document is
Subject to copyright protection under the copyright laws of
the United States and other countries. The copyright owner
has no objection to the facsimile reproduction by anyone of
the patent document or the patent disclosure, as it appears in
official governmental records but, otherwise, all other copy
right rights whatsoever are reserved.
TECHNICAL FIELD

0013 The present invention relates generally to crypto
systems and cryptography, and relates more particularly to
methods involving aspects of deterministic functions in
elliptic curve cryptography (ECC) in connection with
authentication, digital signatures, and security of electronic

an open curve on a graph. In contrast, a circle is a form of
closed curve that graphically represents a set of Solutions to
coordinates of the center of the circle and r is the radius.

Elliptic curves as a mathematical phenomenon have been
studied for the about 150 years, but the application of elliptic
curves to cryptography was proposed circa 1985 indepen
dently by the researchers Neal Koblitz and Victor Miller.
0018. An asymmetric cryptosystem may be generally
represented as an encryption function E() and a decryption
function D(), such that D((E(P))=P. for any plaintext P. In
a public key cryptosystem, E() can be easily computed from
a public key (PuK), which in turn is related to and computed
from a private key (PrK). The public key PuK is sometimes
published so that anyone having the key can encrypt mes
sages. If the decryption function D( ) cannot easily be
computed from the public key PuK without knowledge of
the private key PrK, but can be computed readily with the
private key, then it follows that only the person who gen
erated the private key PrK can decrypt the messages
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encrypted with the public key. This is an essential useful
attribute of public key/private key cryptography. The reli
ability of public key/private key cryptography depends on
the two keys, PuK and PrK.
0.019 Public key/private key cryptography has at least
three principal applications. First is basic encryption—
keeping the contents of messages secret. Second, digital
signatures are implemented using public key/private key
techniques. U.S. Pat. Nos. 6,851,054; 6,820.202: 6,820, 199:
6,789, 189; and others, the disclosures of which are incor

porated by reference herein, are examples of digital signa
ture type systems that utilize aspects of public key/private
key cryptography. Third, electronic authentication systems
that are not based strictly on conventional digital signature
techniques may be implemented with public key/private key
cryptography. Some of the foregoing incorporated and ref
erenced patents describe certain aspects of Such authentica
tion systems.
0020. With respect to the mathematical properties of
elliptic curves, it is now known that specific operations can
be geometrically defined that limit the number of points on
an elliptic curve to a finite set of points defining a finite
cyclic group. Such an elliptic curve group can be used in
conjunction with the known Elliptic Curve Discrete Loga
rithm Problem (ECDLP) in an encryption scheme to create
an elliptic curve cryptosystem, which is generally believed
to be secure and powerful given current computing tech
nologies.
0021. In implementing ECC and, specifically, in gener
ating an asymmetric public-private key pair for use in the
Elliptic Curve Digital Signature Algorithm (ECDSA), an
elliptic curve is defined by certain “domain parameters, and
a point is chosen along the elliptic curve that serves as a
generator of a finite cyclic group, all the elements of which
also lie along the elliptic curve. This generator is referred to
as the “generating point’ or “base point” (P). The domain
parameters include: the field identification (or “Field ID')
identifying the underlying finite or Galois field, traditionally

represented as “F” or "F": the curve comprising two
coefficients “a” and “b” of the elliptic curve equation y =x+
ax+b mod p; a generating point (x, y); and the order of the

generating point “n” comprising a prime number. Option
ally, the domain parameters may include other specifica
tions, such as, for example, a bit string seed of length 160
bits—if the elliptic curve is randomly generated in accor
dance with governmental standards, or a cofactor. The
domain parameters further may include additional specifi
cations, such as the appropriate bit length of a key.
0022. In certain known methodologies for ECC, after a
generating point (P) specified, a first public-private key is
first generated essentially by obtaining a large random
number (R) from a random number generator or pseudo
random number generator, and then using the random num
ber as a “multiplier of the generating point (i.e., P is
repeatedly “added R times) to arrive at the public key
(PuK). The random number multiplier used to generate the
public key is the private key (PrK) of the public-private key
pa1r.

0023 Those skilled in the art will appreciate that an ECC
public key is an element of the finite cyclic group of the
elliptic curve generated by the generating point. Further
more, because the multiplier (PrK) used to arrive at the
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public key is randomly generated, the function used to first
generate the public-private key pair is a nondeterministic
function to the extent that the private key is unknown, i.e.,
not yet generated. Indeed, certain governmental standards
for ECC require that the private key be generated utilizing
a random number generator or pseudo random number
generator. Because generation of the public-private key pair
is performed using a nondeterministic function and, specifi
cally, because the private key is generated from a random
number or pseudo random number generator, at least the
private key must be saved to perform later cryptographic
operations with either one of the keys of the public-private
key pair. (Only the private key must be saved because, if the
private key is known, then the function used to generate the
public key is a deterministic function of the known private
key, and the public key can be generated as needed.)
0024. As mentioned above, certain known public key/
private key cryptosystems typically utilize the random num
ber approach in key generation. However, it is believed that
additional security aspects for public key/private key gen
eration can be obtained by utilizing measures other than
strictly using a random number during in the key generation
algorithms. A deterministic function, as compared to a
nondeterministic function, can provide security that is more
than adequate for many applications, especially in an elliptic
curve cryptosystem, and may provide certain benefits not
available in nondeterministic key generation approaches.
For example, a deterministic function may be used to assist
in securely storing a private key in an electronic device, or
in generating a public key/private key pair for use in an “on
demand” cryptographic operation in a computer system that
itself may not be capable of storing or protecting the private
key from access by potential eavesdroppers. Furthermore, a
deterministic function can extend the usability of a public/
private key pair by making a single private key useable by
multiple parties while still being able to show intent between
the two parties.
0025. In utilizing ECC—or any other cryptographic sys
tem, any cryptographic key used for encryption must be
protected from compromise, especially during storage. Oth
erwise, the integrity of the cryptographic system is jeopar
dized. For example, if an insecure or network-accessible
computer system and/or software is used in connection with
a cryptographic operation, there is a risk that the keys stored
in that computer system could be obtained and improperly
utilized.

0026. One manner of securely storing a cryptographic
key comprises encrypting the cryptographic key itself within
a computer system as a function of a PIN, password, or
passphrase of a user who is authorized to use the crypto
graphic key, and then to save or store the encrypted key
indefinitely within the computer system. When the key is
required for a particular cryptographic operation, the user
must input into the computer system the PIN, password, or
passphrase, which then is used to decrypt the key, and the
decrypted key then is used, in turn, to perform the crypto
graphic operation. Thereafter, the decrypted key is deleted in
the computer system, and the encrypted key remains saved
or stored within the computer system for later decryption
and Subsequent use, as needed.
0027 Safeguarding cryptographic keys, especially pri
vate keys in public-private key cryptographic systems, is
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important if adoption and use of cryptography by the general
public in electronic communications is to become prevalent.
The safeguarding of cryptographic keys is especially impor
tant in connection with the conduct of electronic transactions

Such as, for example, financial transactions. Facilitating the
adoption and use of cryptography in Such electronic com
munications—especially adoption and use of digital signa
tures—also is important, as demand for greater security,
reliability, and accountability in Such electronic communi
cations is believed to be increasing.
0028. However, there are applications where mere safe
guarding of cryptographic keys is not sufficient to conve
niently implement certain cryptographic operations, for
example, when one party needs to communicate securely
with multiple other parties, but still needs to differentiate the
communications between the various multiple parties. A
specific example of this need is a situation where a first party
needs to securely communicate with a financial institution,
and needs to share information with a service provider that
provides services to the first party and the financial institu
tion. Another example is a situation where a first party uses
the same private key for certain encryption operations with
multiple other parties, but each of the other parties is
provided with and uses a different public key that is still
operatively related to the same private key.
0029. Another example of a need for different function
ality in encryption operations is a situation where two
different digital signatures are required in connection with
an electronic transaction, where the same private key of a
party is utilized, but where each different digital signature
can be verified with a different public key. Such function
ality would be useful in connection with record keeping and
security of multiple transactions by a person with a financial
institution, or in connection with record keeping and Secu
rity of separate transactions with multiple other parties Such
as financial institutions or service providers.
0030. Accordingly, there is a need for improved methods
for securely generating and protecting cryptographic keys,
especially in asymmetric public key/private key cryptosys
tems, and especially for cryptographic operations involving
use of insecure computer systems and Software, communi
cations with multiple third parties, multiple transactions,
record keeping of multiple transactions and multiple parties,
and the like. Such improved methods are believed usefully
for facilitating the adoption and use of cryptography for
electronic communications, secure financial transactions,

and in particular, the adoption and use of digital signatures
in various applications.
SUMMARY OF THE INVENTION

0031 Briefly summarized, many aspects and features of
the present invention relate to, and are described in, the
context of generating and safeguarding asymmetric keys,
Such as public key/private keys, for use in elliptic curve
cryptography (ECC), but the present invention is not thereby
necessarily limited to Such cryptography. Particular aspects
of the invention relate to safeguarding private keys, thereby
facilitating adoption and use of cryptography in electronic
communications and, in particular, adoption and use of
digital signatures.
0032 More particularly described, certain aspects of the
invention(s) relate to the use of the same private key in

Jul. 13, 2006

multiple public-private key pairs that are established for
communicating with different parties. Moreover, as will
become apparent from the detailed discussions below, the
present invention particularly relates to—but is not limited
to—elliptic curve cryptography (ECC) and the use of the
Elliptic Curve Digital Signature Algorithm (ECDSA).
Accordingly, many aspects and features of the present
invention relate to, and are described in, the context of ECC,

but the present invention is not thereby necessarily limited
to Such cryptography.
0033. The present invention includes many aspects and
features. In accordance with a first aspect of the invention,
a method performed by a first party of providing a public key
of a public-private key pair for use in elliptic curve cryp
tography includes the steps of identifying domain param
eters of an elliptic curve for use in elliptic curve cryptog
raphy, the domain parameters including an initial generating
point; transforming the initial generating point into a new
generating point as a deterministic function; and generating
within a computer system a public key as a deterministic
function of a private key and the domain parameters, in
which the new generating point is substituted for the initial
generating point. The resulting public key, in conjunction
with the private key, forms a public-private key pair that
then can be used in elliptic curve cryptography and espe
cially in a digital signature algorithm Such as the Elliptic
Curve Digital Signature Algorithm (ECDSA).

0034. The step of identifying the domain parameters of
the elliptic curve may include receiving an identification of
the domain parameters from another party or, alternatively,
may include selecting by the first party the domain param
eters and communicating the selection to another party.
Once received or selected, the step of identifying the domain
parameters includes looking up from memory that which
was received or selected as the domain parameters.
0035. The step of transforming the initial generating
point into a new generating point preferably includes the
step of generating a transformer as a deterministic function
of shared knowledge. In accordance with the invention, and
as used herein, the phrase “as a deterministic function of
means that which follows the phrase is an argument of the
function. Moreover, the use of “deterministic' to modify
function means that the function, given a specific argument
or a specific set of arguments of the function (depending on
whether the function includes one or more arguments),
returns the same result time and time again. It should also be
noted that a function could depend upon arguments in
addition to that which follows “as a deterministic function

of, i.e., that which follows the phrase is not intended to be
an exclusive list of all arguments of the function.
0036 Furthermore, in accordance with the invention, and
as used herein, the phrase “shared knowledge” has a defined
meaning that is specific to the present application. In this
context, shared knowledge means information known to
multiple parties that serves as an argument for a determin
istic function for transforming a given generating point of
domain parameters of, for example, an elliptic curve used in
elliptic curve cryptography. The shared knowledge permits
each party to independently transform the generating point
to arrive at a new generating point for use in elliptic curve
cryptography, such as in generating public keys and digital
signatures and in verifying digital signatures. Preferably, one
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of the parties knowing the shared knowledge will be the
party that generates a digital signature, and another party
will be the party that receives the digital signature and
verifies the digital signature with a public key.
0037 Generally, the shared knowledge includes particu
lar information and may comprise, for example, an account
number for an account of the first party that is maintained
with another party, Such as a financial institution with which
the first party conducts business. The shared knowledge also
may be an identifier of the first party that uniquely identifies
the first party to another party.
0038. The shared knowledge preferably is stored within
the computer system of the first party or is input into a
computer system of the first party as needed for transform
ing a given generating point. In this respect, the software
utilized to transform the generating point may prompt the
user to input the shared knowledge or to select the shared
knowledge from a list.
0039. It further is contemplated that the shared knowl
edge may be communicated to the first party and to the party
with which the knowledge is to be shared by yet a third
party. In this regard, it is contemplated that this third party
may be a service provider that provides information to the
two parties which information constitutes the shared knowl
edge.
0040. In any of these aforementioned scenarios, the
shared knowledge generally comprises particular informa
tion that is communicated to or between the first party and
another party. However, in at least one alternative to this it
is contemplated that the shared knowledge actually may be
calculated from other particular information that is shared
between the parties. In this regard, the shared knowledge
itself may comprise a deterministic function of one or more
arguments that are predefined between and known to the
parties, whereby each party may independently arrive at the
identical shared knowledge by independently calculating the
deterministic function.

0041. In any event, the deterministic function of the
shared knowledge—whatever the shared knowledge may
comprise preferably outputs a large integer value consti
tuting a transformer, and the step of transforming the initial
generating point into the new generating point preferably
includes the step of multiplying, through scalar multiplica
tion, the initial generating point by the transformer to arrive
at the new generating point.
0042. In preferred embodiments of this aspect, the
method includes the step of clearing from the computer
system the new generating point following the step of
generating the public key so that the generating point is no
longer available within the computer system for regenerat
ing the public key; and the step of exporting the public key
from the computer system for communicating to another
party. The step of clearing preferably includes overwriting
the new generating point wherever it is stored or saved in
memory of the computer system. The overwriting preferably
includes wiping or writing pseudo random bit strings to the
data blocks of the computer memory in which the generating
point is saved or stored. Of course, the step of clearing does
not necessarily include clearing from a secure data storage
memory or device (referred to herein as a “secure store')
associated with a computer system.)
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0043. In a feature of this aspect of the invention, the
method includes a step of determining the private key. In this
regard, the step of determining the private key includes
generating the private key as a nondeterministic function
utilizing a random number or pseudo random number gen
erator. If already generated in this manner, then the step of
determining the private key includes retrieving the private
key from a secure store of the computer system. Methods
utilizing this feature are believed to be in compliance with
governmental standards for ECC.
0044) In accordance with an alternative feature of this
aspect of the invention, the step of determining the private
key includes generating the private key as a deterministic
function of user input data (sometimes referred to herein as
“UID) that is received within a computer system of the first
party. The UID may comprise, for example, a passphrase, a
password, or a PIN. Alternatively, or in addition thereto, the
user input data may comprise a biometric characteristic.
Furthermore, if the private key is generated within the
computer system as a result of user input data, then both the
user input data and the private key preferably are cleared
from the computer system so that the user input data must be
received again within the computer system in order to
regenerate the private key for further cryptographic activi
ties. Indeed, because the private key is generated as a
deterministic function of the UID, the private key need not
be saved in a secure store.

0045. The computer system of the first party in which the

public key is generated preferably is a personal electronic
device of the first party that includes an integrated circuit or
application-specific integrated circuit (ASIC) and may com
prise, for example, a personal computer, a personal digital
assistant (PDA), a Smartcard, or a Smartphone or other
telephonic device.
0046) Another aspect of the invention relates to an
improvement on a conventional method of providing a
public key of a public-private key pair of a first party for use
in elliptic curve cryptography, which conventional method
includes the step of generating a public key as a determin
istic function of a known private key and known domain
parameters of an elliptic curve for use in elliptic curve
cryptography, wherein the domain parameters include a
generating point. As a result of this conventional method, the
generated public key includes, in conjunction with the
private key, a public-private key pair for use in elliptic curve
cryptography. In accordance with this aspect of the inven
tion, the improvement includes the steps of calculating a
larger integer value as a deterministic function of shared
knowledge that is shared between the first party and a second
party different form the first party, multiplying the generat
ing point of the domain parameters by the calculated integer
value to obtain a new generating point, and then replacing
the generating point of the domain parameters with the new
generating point in the otherwise conventional step of gen
erating the public key as a deterministic function of the
private key and the domain parameters. Other than utilizing
the new generating point in lieu of the initial generating
point of the domain parameters, the deterministic function
utilized is the same as the conventional deterministic func

tion in accordance with elliptic curve cryptography.
0047 Another aspect of the invention relates to a method
for providing two different public keys of two different
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public-private key pairs of a first party for use in elliptic
curve cryptography. The method includes the steps of, with
respect to the first public key, identifying domain parameters
of an elliptic curve for use in elliptic curve cryptography, the
domain parameters including an initial generating point;
transforming in a deterministic function the initial generat
ing point into a new generating point; and generating the first
public key as a deterministic function of a private key and
the domain parameters, in which the new generating point is
Substituted for the initial generating point. The generated
public key, in conjunction with the private key, comprises
the first public-private key pair for use in elliptic curve
cryptography. The method further includes, with respect to
the second public key, transforming in a deterministic func
tion the initial generating point of the domain parameters
into a second new generating point; and generating the
second public key as a deterministic function of the same
private key and the domain parameters, in which the second
new generating point is Substituted for the initial generating
point. The second public key comprises, in conjunction with
the same private key, the second public-private key pair for
use in elliptic curve cryptography that is different from the
first public-private key pair.
0.048 Another aspect of the invention relates to providing
a digital signature using the elliptic curve digital signature
algorithm (ECDSA). The method uses a private key of a
public-private key pair of a first party for use in elliptic curve
cryptography. The method includes the steps of identifying
domain parameters of an elliptic curve for use in elliptic
curve cryptography, wherein the domain parameters include
an initial generating point; transforming the initial generat
ing point into a new generating point as a deterministic
function; and generating within a computer system of the
first party a digital signature as a deterministic function of a
private key and the domain parameters, in which the new
generating point is Substituted for the initial generating
point. The step of transforming the initial generating point
into a new generating point preferably includes the step of
generating a transformer as a deterministic function of
shared knowledge. The public key used to verify the digital
signature preferably is provided in accordance with the
aspects of the invention set forth above.
0049 Preferred methods of this aspect include the addi
tional steps of clearing from the computer system the new
generating point following the step of generating the digital
signature so that the generating point is no longer available
within the computer system for generating a digital signa
ture; determining the private key; clearing the private key
from the computer system (but not from a secure store if
provided as part of the computer system to hold the private
key) following the step of generating the digital signature so
that the private key is no longer available within the com
puter system for generating a digital signature; and export
ing the generated digital signature from the computer system
for communicating to the second party. The clearing steps
preferably include overwriting the new generating point and
the private key wherever they are stored or saved in memory
of the computer system. The overwriting preferably includes
wiping or writing pseudo random bit strings to the data
blocks of the computer memory in which the generating
point and private key are saved or stored. (Of course, the
step of clearing does not necessarily include clearing from a
secure store.)
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0050 Another aspect of the invention relates to an
improvement on a conventional method of providing a
digital signature using a private key of a public-private key
pair of a first party in elliptic curve cryptography. This
conventional method includes the step of generating a the
digital signature as a deterministic function of the private
key and domain parameters of an elliptic curve for use in
elliptic curve cryptography, wherein the domain parameters
include a generating point. In accordance with this aspect of
the invention, the improvement includes the steps of calcu
lating a larger integer value as a deterministic function of
shared knowledge; multiplying the generating point of the
domain parameters by the calculated integer value to obtain
a new generating point; and then replacing the generating
point of the domain parameters with the new generating
point in the otherwise conventional step of generating the
digital signature as a deterministic function of the private
key and the domain parameters. Other than utilizing the new
generating point in lieu of the initial generating point of the
domain parameters, the deterministic function utilized to
generate the digital signature is the same as the conventional
deterministic function in accordance with elliptic curve
cryptography.
0051 Yet another aspect of the invention relates to a
method of providing two digital signatures in accordance
with the elliptic curve digital signature algorithm (ECDSA),
wherein the same private key of a first party is utilized, but
wherein each digital signature can be verified with a differ
ent respective public key. The method includes the steps of
with respect to the first digital signature: identifying domain
parameters of an elliptic curve for use in elliptic curve
cryptography, the domain parameters including an initial
generating point; transforming in a deterministic function
the initial generating point into a first new generating point;
and generating the first digital signature as a deterministic
function of the private key and the domain parameters, in
which the first new generating point is substituted for the
initial generating point. The method further includes the
steps of with respect to the second digital signature: trans
forming in a deterministic function the initial generating
point of the same domain parameters into a second new
generating point; and generating the Second digital signature
as a deterministic function of the same private key and the
domain parameters, in which the second new generating
point is Substituted for the initial generating point. The
different respective public keys are provided by: generating
the first public key as a deterministic function of the same
private key and the same domain parameters, in which the
first new generating point is Substituted for the initial
generating point; and generating the second public key as a
deterministic function of the same private key and the same
domain parameters, in which the second new generating
point is Substituted for the initial generating point.
0052 Another aspect of the invention relates to a method
of verifying a digital signature from a first party that has
been provided in accordance with the aforementioned
aspects. In this regard, the method includes the steps of
receiving a public key from the first party; receiving a digital
signature from the first party, the digital signature being for
an electronic message; identifying domain parameters of an
elliptic curve used in elliptic curve cryptography, including
identifying a generating point of the elliptic curve; trans
forming the identified generating point into a second gen
erating point as a deterministic function of shared knowl
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edge; and verifying the received digital signature as a
deterministic function of the received public key, the elec
tronic message, and the identified domain parameters, in
which the second generating point is substituted for the
identified generating point of the domain parameters. One or
more of these steps preferably are performed in a computer
system of a second party receiving the public key and digital
signature.
0053 Preferred methods in accordance with this aspect
further include the step of clearing from the computer
system the second generating point following the step of
verifying the digital signature so that the second generating
point is no longer available within the computer system for
verifying a digital signature.
0054 Another aspect of the invention relates to an
improvement on a conventional method of Verifying a
digital signature of a first party by a second party as a
deterministic function of a known public key, a known
electronic message, and known domain parameters of an
elliptic curve, including a generating point of the curve,
wherein the digital signature was generated with an elliptic
curve digital signature algorithm (ECDSA). This conven
tional method includes the step of verifying the digital
signature as a deterministic function of the public key and
domain parameters of an elliptic curve for use in elliptic
curve cryptography, wherein the domain parameters include
a generating point. In accordance with this aspect of the
invention, the improvement includes the steps of calculating
a large integer value as a deterministic function of shared
knowledge; multiplying the generating point of the domain
parameters by the calculated integer value to obtain a new
generating point; and then replacing the generating point of
the domain parameters with the new generating point in the
otherwise conventional step of verifying the digital signature
as a deterministic function of the public key, electronic
message, and the domain parameters. Other than utilizing
the new generating point in lieu of the initial generating
point of the domain parameters, the deterministic function
utilized to verify the digital signature is the same as the
conventional deterministic function in accordance with

elliptic curve cryptography.
0.055 Another aspect of the invention relates to an overall
digital signature system that includes the aforementioned
aspects of providing a public key, providing a digital sig
nature, and verifying the digital signature utilizing the public
key. In this system, both the public key and the digital
signatures are generated using the elliptic curve domain
parameters in which the generating point is replaced with or
Substituted by a new generating point based on a transfor
mation of the initial generating point as a deterministic
function of shared knowledge. Furthermore, a preferred such
system includes the provision of multiple public keys that
are generated as a deterministic function of the same private
key and different generating points, whereby digital signa
tures generated as a deterministic function of the same
private key and one of these generating points can be
verified with the respective public key generated with such
generating point.
0056 Yet another aspect of the invention relates to a
method for facilitating digital signature communications of
a first party with multiple third parties, and includes the
distribution of software by a second party for use by the first
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party in accomplishing Such communications. The method
includes the steps of communicating Software to the first
party; receiving back from the first party multiple public
keys generated using the Software; and recording in a
database the public keys in association with information
pertaining to the Software communicated to the first party
and used to generate the public keys. The public keys
preferably are generated in accordance with one or more of
the aforementioned aspects of the invention. The software
further preferably generates digital signatures for later veri
fication using the public keys generated by the software.
0057 The software itself preferably includes identifying
information that identifies the software to the second party,
and this identifying information is included in the response
having the public keys. The identifying information may
include a hash value of the software and may be digitally
signed by the software. An identifier of, or other information
regarding, the first party also may be communicated to the
second party, which identifier or other information, if
included, also preferably is recorded in the database in
association with the public keys and the information per
taining to the software.
0.058. The method further may include the steps of:
receiving by the second party a request from a third party,
the request including a public key of the first party, and in
response, communicating by the second party to the third
party the recorded information pertaining to the software
used to generate the public key; and receiving by the second
party a request from a third party, the request including an
identifier of the first party to the second party, and in
response, communicating by the second party to the third
party the recorded information pertaining to the software
used to generate public keys of the first party.
0059. In features of one or more of the aforementioned
aspects, the private key is generated within the computer
system as a deterministic function of user input data, and a
digital signature is generated not only as a deterministic
function of this private key and domain parameters, includ
ing a substituted generating point, but also as a deterministic
function of an indicator of whether a digital signature has
been generated since the last generation of the private key
within the computer system. The indicator additionally, or
alternatively, may indicate whether a digital signature was
previously generated as a function of the Substituted gener
ating point since the last transforming of the generating
point. The deterministic function for generating the digital
signature preferably includes appending or pre-pending a
value of the maintained indicator to an electronic message
prior to digitally signing the electronic message.
0060 Preferably, for security, the user input data is
cleared from the computer system following the step of
generating the private key so that the user input data no
longer remains available within the computer system for
regenerating the private key. Consequently, the user input
data must be received again within the computer system in
order to regenerate the private key within the computer
system using the deterministic function. The user input data
received may represent a passphrase, password, or PIN, or
may represent a biometric characteristic, either of the first
party or an authorized user of the first party.
0061 The clearing of the private key may be performed
at different times following generation of the digital signa
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ture. Indeed, once the private key is generated within the
computer system, additional digital signatures may be gen
erated with the private key prior to its being cleared from the
computer system. In this scenario, the private key preferably
is cleared within a predetermined time Such as, for example,
within a single hour, minute, or second of generating the
private key. Alternatively, the period of time may comprise
the time period beginning with the step of generating the
private key and ending with a predetermined event Such as,
for example, the termination of a communications session of
the computer system; if generation of the digital signature
was performed in response to a digital signature request
received from a particular program, then with receipt of a
Subsequent digital signature request from a different pro
gram; and the generation of a particular number of digital
signatures using the particular manifestation of the private
key.
0062) Of course, if only one digital signature is to be
generated with the particular manifestation of the private
key, then the private key preferably is cleared immediately
upon the generating of the digital signature.
0063. Other aspects of the invention include computer
readable media having computer-executable instructions for
performing any of the aforementioned methods.
0064. In all of the foregoing aspects and features of the
invention, the shared knowledge may be maintained in
secret by the parties sharing the knowledge so as to consti
tute a shared secret between the parties. Furthermore, in
addition to the aforementioned aspects and features of the
present invention, it should be noted that the present inven
tion further includes the various possible combinations of
Such aspects and features.
BRIEF DESCRIPTION OF THE DRAWINGS

0065 FIG. 1 illustrates a preferred system 100 for digital
signature communications in accordance with the invention.
0.066 FIG. 2 illustrates a preferred system 200 for
recording public keys and related information, which public
keys are generated in accordance with the invention.
0067 FIG. 3 illustrates a preferred system 300 for digital
signature communications using a public-private key pair
generated with the software of preferred system 200.
0068 FIG. 4 illustrates another preferred method 400 for
generating digital signatures in accordance with the inven
tion.

0069

FIG. 5 illustrates a circle with its center at (A, B)

0070

FIG. 6 shows the information needed to define a

and radius R.
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0075 FIG. 11 illustrates in greater detail an alternative
preferred method 1100 for providing a public key in accor
dance with the invention.

0.076 FIG. 12 illustrates in greater detail a preferred
method 1200 for providing a digital signature in accordance
with the invention.

0.077 FIG. 13 illustrates in greater detail an alternative
preferred method 1300 for providing a digital signature in
accordance with the invention.

0078 FIG. 14 illustrates a preferred method 1400 for
verifying a digital signature generated in accordance with
the invention.

0079 FIG. 15 illustrates a preferred method 1500 for
transforming a generating point into a new generating point
in accordance with the invention.

0080 FIG. 16 illustrates an alternative preferred method
1600 for transforming a generating point into a new gener
ating point in accordance with the invention.
0081 FIG. 17 illustrates another alternative preferred
method 1700 for transforming a generating point into a new
generating point in accordance with the invention.
0082 FIG. 18 illustrates a fourth alternative preferred
method 1800 for transforming a generating point into a new
generating point in accordance with the invention.
0.083 FIG. 19 illustrates a preferred method 1900 for
generating a private key as a deterministic function of user
input data in accordance with the invention.
0084 FIG. 20 illustrates another preferred method 2000
for providing digital signatures in accordance with the
invention.
DETAILED DESCRIPTION

0085. As a preliminary matter, it will readily be under
stood by one of ordinary skill in the relevant art that the
invention has broad utility and application. Furthermore, any
embodiment discussed and identified as being “preferred” is
generally considered to be part of a best mode contemplated
for carrying out the invention. Other embodiments also may
be discussed for additional illustrative purposes in providing
a full and enabling disclosure of the invention. Moreover,
many embodiments, such as adaptations, variations, modi
fications, and equivalent arrangements, will be implicitly
disclosed by the embodiments described herein and fall
within the scope of the invention.
0086 Accordingly, while the invention is described

circle: center and radius.

herein in detail in relation to one or more embodiments, it is

0071 FIG. 7 shows an analogy of private key generation
using a circle as a metaphor for an elliptic curve.
0072 FIG. 8 illustrates a method 800 in accordance with
the invention for providing a public key.
0073 FIG. 9 illustrates a method 900 in accordance with
the invention for providing a digital signature.
0074 FIG. 10 illustrates in greater detail a preferred
method 1000 for providing a public key in accordance with

to be understood that this disclosure is illustrative and

the invention.

the claim itself.

exemplary of the invention, and is made merely for the
purposes of providing a full and enabling disclosure of the
invention. The detailed disclosure herein of one or more

embodiments is not intended, nor is to be construed, to limit

the scope of patent protection afforded the invention, which
Scope is to be defined by the claims and the equivalents
thereof. It is not intended that the scope of patent protection
afforded the invention be defined by reading into any claim
a limitation found herein that does not explicitly appear in
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0087 Thus, for example, any sequence(s) and/or tempo
ral order of steps of various processes or methods that are

between the first party 102 and the third party 104. This

described herein are illustrative and not restrictive. Accord

the two public keys have dissimilar configurations as a direct
consequence of the two identifiers being different.
0092. As further illustrated in FIG. 1, the second party
104 has recorded the public key PuK received from the first
party 102 in a database 112 and, preferably, the second party
104 has recorded the Puk, in association with the respective
account number of an account maintained by the first party
102 with the second party 104. Similarly, the third party 106
has recorded the public key PuK received from the first
party 102 in a database 110 and, preferably, the third party
106 has recorded the Puk, in association with the respective
account number of an account maintained by the first party
102 with the third party 106.
0093. As will be appreciated from the foregoing detailed
description of the invention, the first party 102 in system 100
may securely communicate with either the second party 104
or the third party 106 using digital signatures by generating
the digital signatures with the same private key PrK used to
generate each of the two public keys PuK. PuK. Specifi
cally, the first party 102 may generate digital signatures in
accordance with either of preferred methods 1200, 1300 for
verification with the first public key Puk by the second
party 104 in accordance with preferred method 100. Like
wise, the first party 102 may generate digital signatures in
accordance with either of preferred methods 1200, 1300 for
verification with the second public key PuK by the third
party 106 in accordance with preferred method 100. More
over, even though the same private key PrK is used to
generate all of the digital signatures, the second party 104
cannot verify digital signatures intended for the third party
106, and the third party 106 cannot verify digital signatures
generated for the second party 104, because the respective
identifiers (i.e., the respective shared knowledge) differs as
between the second and third parties.
0094 FIG. 2 illustrates a preferred system 200 in which
multiple public keys of a first party 202 are generated
utilizing one of the preferred methods 300, 400 and regis
tered with a second party 204. The second party may
comprise, for example, an entity that serves as a resource
available via the Internet for ascertaining information
regarding certain public keys generated using software of
the second party 204.
0.095. In preferred system 200, the first party 202 obtains
software from the second party 204. The software may be
communicated 206 via the Internet 212 from a computer
system of the second party 204 as shown in FIG. 2. The
software preferably includes the ability to generate public
and private keys of a public-private key pair in accordance
with the aforementioned preferred methods of the invention,
and includes the ability to generate digital signatures using
the private key of the key pair, wherein the algorithm
utilized to generate the digital signatures preferably is the
ECDSA. Furthermore, the elliptic curve parameters in
cluding the generating point—are communicated between
the parties 202, 204 and, preferably, are included as pre
defined parameters contained within the Software commu
nicated to the first party 202 by the second party 204.
0096. Identifying information (sometimes abbreviated as
“ID') of the communicated software preferably is included
with the software, whereby a communication 208 back over

ingly, it should be understood that, although steps of various
processes or methods may be shown and described as being
in a sequence or temporal order, the steps of any Such
processes or methods are not limited to being carried out in
any particular sequence or order, absent an indication oth
erwise. Indeed, the steps in Such processes or methods
generally may be carried out in various different sequences
and orders while still falling within the scope of the inven
tion. Accordingly, it is intended that the scope of patent
protection afforded the invention is to be defined by the
appended claims rather than the description set forth herein.
0088 Additionally, it is important to note that each term
used herein refers to that which a person skilled in the art
would understand Such term to mean based on the contextual

use of Such term herein. To the extent that the meaning of a
term used herein—as understood by a person skilled in the
art based on the contextual use of Such term—differs in any
way from any particular dictionary definition of Such term,
it is intended that the meaning of the term as understood by
a person skilled in the art should prevail.
0089. Furthermore, it is important to note that, as used
herein, “a” and “an each generally denotes “at least one.”
but does not exclude a plurality unless the contextual use
dictates otherwise. Thus, reference to “a picnic basket hav
ing an apple' describes “a picnic basket having at least one
apple' as well as “a picnic basket having apples. In
contrast, reference to "a picnic basket having a single apple'
describes “a picnic basket having only one apple.”
0090. Additionally, when used herein to join a list of
items, 'or' generally denotes “at lease one of the items.” but
does not exclude a plurality of items of the list. Thus,
reference to “a picnic basket having cheese or crackers'
describes “a picnic basket having cheese without crackers'.
“a picnic basket having crackers without cheese', and “a
picnic basket having both cheese and crackers.’ Finally,
when used herein to join a list of items, “and” generally
denotes “all of the items of the list.” Thus, reference to “a

picnic basket having cheese and crackers' describes “a
picnic basket having cheese, wherein the picnic basket
further has crackers,” as well as describes “a picnic basket
having crackers, wherein the picnic basket further has
cheese.”

0.091 Turning now to the drawings, in which like numer
als indicate like elements or setps throughout the several
drawing figures, FIG. 1 illustrates a preferred system 100
for digital signature communications in accordance with
aspects of the invention. In this regard, a first party 102 has
generated two public keys PuK, PuK utilizing one of the
methods described below in greater detail, and has respec
tively communicated via the Internet 108 each of these two
public keys to separate parties 104, 106. Furthermore, in
generating the first key PuK, the first party 102 preferably
used an identifier that identifies the first party 102 to the
second party 104, which identifier constitutes the shared
knowledge between the first party 102 and the second party
104. Likewise, the first party 102 preferably used an iden
tifier (different from the other identifier used by the second
party 102) that identifies the first party 102 to the third party
106, which identifier constitutes the shared knowledge

difference in the identifiers is reflected in FIG. 1, wherein
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the Internet 212 that includes the identifying information
will enable the second party 204 to identify the particular
Software. The identifying information may include a hash
value, and the identifying information may be digitally
signed, to provide Some measure of insurance to the second
party regarding the true identity of the Software.
0097. Upon receipt of the software, the first party 202
installs and runs the software. In FIG. 2, the software is

installed and executed within a computer system of the first
party 202 comprising a desktop computer; however, any
suitable computer system may be utilized by the first party
202 Such as, for example, a personal digital assistant (PDA),
laptop computer, or telephonic device like a Smart phone.
0.098 Preferably during an initialization period or instal
lation setup of the software, the first party 202 generates a
private key in accordance with preferred method 1400 of
FIG. 14. The first party also enters respective shared knowl
edge for each public key to be generated in accordance with
one of preferred methods 1000, 1100. In cases where the first
party 202 will be communicating using digital signatures
with third party financial institutions with which the first
party 202 maintains accounts, the first party may enter the
accounts numbers as the respective shared knowledge for
each of the financial institutions. In accordance with the
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new generating point is cleared and how it is cleared;
information about when the shared knowledge is cleared and
how it is cleared; information about the deterministic func

tion used in the software to generate the public key; infor
mation about if and when the public key is cleared and how
it is cleared; and an identification of the algorithm utilized
for generating digital signatures, including domain param
eters.

0101. As will be appreciated from FIG. 2, this registra
tion process of preferred system 200 is performed by the
second party 204 numerous times with other third parties,
whereby the database 210 contains a plurality “n” records,
each record including a name associated with multiple
public keys and information regarding the software utilized
in generating the public keys.
0102 Following the registration process, the first party
202 may communicate with one of its third party relation
ships, such as a financial institution, reliably and securely,
provided that the third party trusts the second party 204 and
the information recorded in the database 210 by the second
party 204. Thus, for example, in FIG. 3, an exemplary
system 300 is illustrated for facilitating communication
between the first party 202 and a third party relationship 302
using a digital signature generated in accordance with the

invention, these financial institutions each will know that the

invention.

account number of the first party 202 comprises the shared
knowledge when verifying digital signatures of the first
party 202. Such information will be provided to the financial
institutions by the first party 202, or this arrangement will
have been predetermined between the financial institutions
and the first party 202 prior to generation of the public keys.
0099. Following generation of the public keys via the
software utilizing one of preferred methods 1000, 1100, the
first party 202 then communicates 208 the generated public
keys back to the second party 204 together with the software
ID and, optionally, a name of the first party 202. The first
party 202 preferably does not communicate therewith to the
second party any shared knowledge utilized in generating
the public keys for communicating with the third parties.
Upon receipt of the communication back from the first party
202, the second party 204 preferably records in a database
210 a record associating the generated public keys received
together with information about the software that was com
municated by the first party 204 to the first party 202 and
used to generate the public keys. This information pertaining
to the software is known to the second party 204 upon the
receipt of the ID, which identifies the software to the second
party 204. Furthermore, if included, the name of the first
party 202 also is recorded with the public keys and serves to
identify the generated public keys of the first party 202 in the
database 210. The name may comprise, for example, an alias
or an email address of the first party 204.
0100 This information that is recorded in the database
210 in association with the generated public keys preferably
pertains to the Software utilized to generate the public keys,
and may include, for example: information about the deter
ministic function used in the Software to generate the private
key based on the UID: information about when the UID is

0103) In system 300, the first party 202 communicates
304 over the Internet 212 to the third party 302 a name of the
first party 202 that identifies the account of the first party 202
with the third party 302, an electronic message, and a digital
signature for the message that is generated using the private
key of the first party 202 as well as the shared knowledge
between the first party 202 and the third party 302 (i.e., the
account number of the first party 202 with the third party
302). If the third party has not yet received and associated
a public key from the first party 202 generated in accordance

cleared and how it is cleared; information about when the

private key is cleared and how it is cleared; information
about the deterministic function used in the software to

transform the generating point; information about when the

with the invention, then the first communication 304 further

includes therein the public key for recording by the third
party 302 in association with the account of the first party
202.

0104. Upon receipt of the communication from the first
party 202, the third party 302 verifies the digital signature in
accordance with the preferred method 1300 of FIG. 13
utilizing the public key received in communicates 304 and
the shared knowledge, i.e., the account number of the first
party 202 as identified by the third party 302 by the name
included in the communication 304. Upon verification of the
digital signature, the third party 302 communicates 306 to
the second party 204 the public key received from the first
party 202. Upon receipt of the public key, the second party
204 searches and retrieves from its database 210 the infor

mation that has been associated with the particular public
key in the database 210 during the registration process in
system 200 of FIG. 2. The second party 204 then commu
nicates 308 this information retrieved from the database 210

to the third party 302. The communications 306, 308 in
system 300 may be, for example, over the Internet 212, as
shown in FIG. 3.

0105. Upon receipt of the information from the second
party 204 regarding the public key, the third party 302 may
evaluate this information in gauging the risk that either the
private key utilized to generate the digital signature was
compromised and that the message was not, in fact, sent
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from the first party 202, or that the message was altered
while in transit from the first party 202 to the third party 302.
Indeed, a risk level can be assigned and taken under con
sideration in making a business judgment as to whether—
and what—action to take, if any, in response by the third
party 302 to receipt of a digitally signed message from the
first party 202. The third party 302 further may request this
information upon further receipt of digital signatures from
the first party 202, or the third party 302 may itself record
this information in association with the public key of the first
party 202 in a database of the third party 302.
0106. In an alternative system 300, the second party also
records in the database an identification of a third party for
each public key that is recorded on behalf of the first party.
Consequently, the third party then may retrieve the infor
mation regarding the public key of the first party by com
municating this identification and the name of the first party,
rather than communicating the public key itself. This and
other arrangements for recording and indexing the informa
tion for retrieval by the second party and communication to
the third party are within the scope of the invention.
0107. In FIG. 3, access to the database 210 by the third
party 302 may be provided by the second party 204 free of
charge or by subscription. Similarly, in FIG. 2, registration
with the second party 204 by the first party 202 may be free
or by subscription to services of the second party 204.
0108) A preferred method of conveniently generating
multiple digital signatures in accordance with the invention
is illustrated in FIG. 4. This method includes first generating
the private key as a function of UID in accordance with
method 1400 of FIG. 14, discussed above. Accordingly, the
UID is received in Step 402, the private key is generated as
a deterministic function of the UID in Step 404, and the UID
is then cleared in Step 406.
0109 After generation of the private key, a loop begins
with a determination in Step 408 of whether a digital
signature request is received. If a request is not received,
then a determination is made in Step 418 whether a prede
termined period of time has expired. During this period of
time, multiple digital signatures may be generated without
again reentering the UID and regenerating the private key in
Steps 402, 404. If it is determined in Step 418 that the
predetermined period of time has expired, then the private
key is cleared in Step 420, after which Steps 402, 404 must
be performed again in generating any further digital signa
ture.

0110) If a request for a digital signature is received, then
the determination Step 408 is affirmative, and the ECC
domain parameters, including generating point, are identi
fied for a particular recipient of the digital signature to be
generated. In this regard, it is contemplated that respective
digital signatures for multiple recipients may be generated in
method 400 and that, accordingly, the appropriate domain
parameters must be identified for the intended recipient of
the particular digital signature being generated.
0111. Upon determination of the appropriate domain
parameters, the identified generating point is transformed in
Step 412 in accordance with one of preferred methods 1500,
1600, 1700, 1800. The transformation is performed based, in
part, on the shared knowledge between the party generating
the digital signature and the intended recipient of the digital
signature.

Jul. 13, 2006

0112 Following Step 412, the digital signature is gener
ated in Step 414 as a deterministic function of the generated
private key and the domain parameters identified in Step
410; however, the new generating point (i.e., the trans
formed generating point) is substituted for the identified
generating point in generating the digital signature in Step
414. The resulting digital signature is then exported in Step
416 from the computer system utilized to generate the digital
signature for communication to the intended recipient.
Thereafter, the determination of Step 418 is made.
0113. As will be apparent from FIG. 4, Step 420 of
clearing the private key from the computer system is per
formed within a predetermined period of time after the
generating of the private key in Step 404. This predeter
mined period of time may be the period in which a prede
termined number of digital signatures are generated using
the generated private key. Alternatively, this period of time
may begin with the generating of the private key in Step 404
and end with the termination of a communications session of

the computer system. For example, the private key may be
cleared when a web browser of the computer system ceases
viewing a particular web page of an Internet domain. The
communications session similarly may timeout, thereby
causing the private key to be cleared from the computer
system of the web browser. In another example, the gener
ating of the digital signature may be in response to a request
from a program for a digital signature. In this example, the
period of time also may begin with the generating the private
key and end with the request for a digital signature by a
different program.
0114 Prior to a discussion the specific methods of the
present invention, an explanation of aspects of elliptic curve
mathematics will be provided, so as to provide a framework
for understanding certain aspects of the present invention.
As mentioned in the background section, the field of elliptic
curve cryptography is based on the mathematics relating to
the geometric form of an elliptic curve. The mathematics
and the form itself may be foreign to the casual observer,
although well understood by mathematicians as well as
cryptographers.
0115 For the purposes of this discussion we will use a
circle as a simplified replacement for an elliptic curve. This
substitution is possible because of the nature of the invention
and the fact that this discussion does not attempt to explain
in detail the field of elliptic curve mathematics or cryptog
raphy. The discussion is presented in order to understand the
nature of the invention only. The discussion will draw
parallels to the elliptic curve mathematics and concepts but
explain them in terms of a circle.
0116. A first point is to understand that an elliptic curve
is simply a geometric shape, not unlike that of a circle
(which is a closed shape) or an ellipse (which is also a closed
shape), except that an elliptic curve is more of an open shape
like a parabola. Many geometric shapes such as circles,
ellipses, parabolas, and elliptical curves are definable by an
equation that serves to describe the points (i.e. locations in
space) that make up the geometry (shape) of the curve. A
circle can be described in this same manner. FIG. 5 illus

trates mathematical aspects of an exemplary geometric
shape (a circle in this case), which for purposes of this
simplified explanation bears certain mathematical similari
ties to elliptical curves.

US 2006/0153368 A1

0117 For a circle such as is shown in FIG. 5, the
equation is:

0118 a. X and y is the Cartesian coordinate (x, y) of a
point on the circle 504;
0119 b. A and B (A, B) define the Cartesian coordinate
of the center of the circle 502, A is used to represent the
X axis term B represents the Y axis term; and
0120 c. R is the radius of the circle 506.
0121. In order to describe the true geometric shape, other
information is needed to define or differentiate the geometric
shape from any other geometric shape of the same type.
0122). As shown in FIG. 6, for a circle the information
needed to define a specific circle is:
0123. A coordinate in Cartesian space that serves as the
center of the circle (A, B) 602; and
0.124. A radius that defines the boundary of the circle
R 604.

0125 With these two pieces of information, we can
uniquely describe a specific circle and calculate all of the
points—i.e. (x, y) coordinates—that make up the circle.
0126 The foregoing information of a center coordinate
and radius serves to define the Domain of the circle, the
make-up of the circle. With respect to elliptic curves, the
terms Elliptic Curve Domain Parameters are often used to
represent the information that defines a specific elliptic
curve. Elliptic curve domain parameters serve the same
purpose as the A, B and R terms in the above definition of
the circle. The Elliptic Curve Domain Parameters while
containing different values and having different meanings
than those for the circle serve the same purpose, i.e. to
uniquely define a particular geometric shape. In the discus
sion of the circle the Circle Domain Parameters are A, B
and R.

Public and Private Keys in ECC
0127. The general conceptual nature of the public key
and private key in the field of elliptic curve cryptography is
the same as for other forms of asymmetric cryptography.
Given one value that can be kept a secret (the private key),
the second value that is derived from the first can be made

public (public key). The reason that the second value (the
public key) can be made public is that the cost to work
backwards from the public key to the private key is com
putationally prohibitive. The other point that is worth noting
is that even though the values are both referred to as “keys'
does not mean that they are equivalent in use or that the
values they represent are the same.
0128 Refer again to the circle metaphor of FIG. 5 in
connection with the following description of public/private
key pairs in connection with elliptical curve cryptography. It
will be recalled that the domain parameters of a circle allow
a way to describe all the possible points on a circle. In order
to derive public/private key pairs for use in a cryptography
operation, we need to determine a set of values that are
related to each other but are distinguishable from other pairs
of values.
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0129. With respect to the circle metaphor, if you draw a
straight line originating at the center of a circle and extend
it to cross the circle, you have the two related points of
information that we were looking for. These would be the (x,
y) coordinate that falls on the definition of the circle and the
related angle that represents the line that extends from the
center of the circle to the actual coordinate on the circle

itself. This is specifically illustrated in FIG. 7.
0.130. In a circle metaphor, these two pieces of informa
tion (a point on a circle 704, angle of the radius 706) can be
utilized as a public/private key pair. The angle 706 may be
utilized as a private key, while the (X, Y) point 704 may be
utilized as the public key. If the radius R 708 is known, the
value of the center of the circle (A, B) 702 (which may be
considered the data values encrypted) cannot be determined
from merely knowing the point (X, Y)—the angle (e.g. 45°)
706 must also be known in order to uniquely define a single
point (A, B). Although this example using a circle as
conceptually equivalent to an elliptic curve is contrived and
computationally simple to break, it should now be under
stood that public key and private key for use in a crypto
graphic operation may be derived from a similar operation
by using the mathematics of an elliptic curve, much in the
same fashion as herein described in connection with the
mathematics of a circle.

Key Generation in ECC
0131 Many cryptography schemes, including conven
tional ECC, depend on properties of randomness for the
actual generation of key pairs. In the circle metaphor we
need to determine an angle that serves as the private key for
a key pair and allow us to determine the matching (X, Y)
coordinate that will serve as the related public key. The
traditional method of generating a private key would be to
use a random number in the generation of the angle. For
example, we could generate a random number that is greater
than -1 and less than 360 and this could serve as our private
key or angle. With this angle we can mathematically
determine the corresponding (X,Y) coordinate on the circle
that is denoted by the angle. A side effect of using a random
number for the generation of the angle is that you must store
the angle once it is generated. The reason that the generated
angle must be stored is that since it was generated through
at Random (using a random number) it would be difficult
(next to impossible) to regenerate the same Angle predict
ably.
0.132. At this point we have enough metaphorical infor
mation to begin to specifically address the nature of deter
ministic functions in ECC key generation. The basis of these
aspects of the invention is that we are replacing the random
number used in key generation with a calculation that can be
repeated given the same input. This repeatable calculation is
called a deterministic function. A deterministic function is

a calculation that, given a specific input, will always produce
the same output. For example, 2 times X or (2x) is a
deterministic function. If you replace the X term with the
same number (e.g. 3) you will get a result that can be
repeated every time you replace the X term with that same
number. Thus, the mathematical operation of (23) always
produces 6, no matter how many times the computation is
repeated the answer will always be 6 when the X term is
replaced with 3.
0133. In the “passphrase' aspects of the invention,
described in greater detail in certain referenced related
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patent applications, the private key in a private/public key
pair is generated through a deterministic function instead of
the more traditional method of generating the private key
through a random function. The passphrase could be a word
a sentence or any string of characters that are memorable to
the user. This passphrase serves as the input to a determin
istic function that provides as output a value that is Suitable
for use as the private key. A simple example of a possible
implementation of this concept is below (the algorithm and
function are illustrative only).
0134. In accordance with certain aspects of the so-called
“passphrase' inventions, we first define a set of acceptable
characters that can be used to form a passphrase. For our
example we will use the common characters: alphabetic/
numeric and punctuation. For each allowable character we
assign a numeric value that will represent the character in
our calculation. This provides a table Such as shown in the
following example:
TABLE 1.
Character

Value

35
36
37
38
39
40
41
42
43
44
45
46
47
48
49
50
51
52
53
S4
55
56
57
58
59
60
61
62
63
64
65
66
67
68
69
70
71
72
73
74
75
76
77
78
79
8O
81
82

TABLE 1-continued
Character

Value
83
84
85
86
87
88
89
90
91
92
93
94
95
96
97
98
99
OO
O1
O2
O3
O4
05
O6
O7
O8
09
10
11
12
13
14
15
16
17
18
19
2O
21
22
23
24
25
26

0.135) Next, a deterministic function is defined that will
turn a word, sentence, or any string of characters into a value
Suitable as a replacement for the random angle value. One
example of a deterministic function is to cumulate the
numerical values of the characters of an input string (e.g. the
word “PassWord”), divide by a predetermined number (e.g.
360), and use the remainder of the division operation as an
angle value. Such an exemplary deterministic function
would be expressed as follows in conceptual terms:
0.136 1. Start with a value of Zero in the Passphrase
Work Value, which is a cumulation data variable.

0.137 2. For every character in the input string (e.g.
“PassWord”), look up the value corresponding to that
character and add it to the value in the data variable

Passphrase Work Value.
0.138. 3. When all of the input characters of the string
are exhausted, divide the cumulative value in Pass

phrase Work Value' by 360, and assign the remainder of
this division (Modulo 360) to Passphrase Angle.
0139 4. The value or number of the variable Pass
phrase Angle is then utilized as a private key.
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0140 Assume that the input or passphrase is the string
“PassWord” without the quotes. If we start with Zero (0) in
the Passphrase Work Value and take the first character
(“P”) of the string and look it up in the above table we find
the value 80. Add this value to the Passphrase Work Value
giving the value 80 for Passphrase Work Value. Move to
the next character (“a”) in the string and perform the same
lookup as before, which yields the value 65. Add the value
65 to the Passphrase Work Value, which cumulates to 145.
Continue this process until there are no more characters in
the input string. In this example, the cumulated values of the
passphrase “Pass Word” would yield the following compu
tation:
TABLE 2

Passphrase Work
P

8.

S

S

W

O

r

d

Value

100

8O
177
292
407
494
60S
719
819

8O
97
115
115
87
111
114

0141 When the input characters of the string “PassWord”
are exhausted, the value of 627 remains in the variable

Passphrase Work Value. Based upon the definition of our
deterministic function, 819 is divided by 360:
819/360=2 (with a remainder of 99)

0142. The remainder of this division operation is
assigned to be the Passphrase Angle and may be utilized as
a private key in accordance with this example.
0143. The foregoing example is provided in conjunction
with a mathematical shape of a circle. Those skilled in the
art will understand and appreciate that the same general
principles may be employed in connection with the math
ematics of an elliptical curve, so as to define an angle that
can uniquely define a point along an elliptical curve (as
opposed to a circle), and that this point may be utilized as the
public key for private key/public key cryptographic opera
tions in accordance with aspects of the invention.
Specific Methods for Utilizing Shared Information
for Providing Cryptographic Keys
0144 With the foregoing principles in mind, we turn next
to a discussion of aspects of the use of shared information in
connection with key generation, according to aspects of the

an identification of the domain parameters from another
party or, alternatively, selecting by the first party the domain
parameters and communicating the selection to another
party. Once received or selected, the step of identifying the
domain parameters thereafter comprises looking up that
which was received or selected.

0146 In further accordance with method 800, the gener
ating point P is transformed by the first party in Step 804 into
a new generating point P', and a private key is determined by
the first party in Step 806. A public key then is generated by
the first party in Step 808 as a deterministic function of the
private key and the identified domain parameters; however,
rather than using the generating point P of the domain
parameters, as would be conventional in generating a public
key from a private key in elliptic curve cryptography, the
new generating point P' is substituted for this original
generating point P of the domain parameters in Step 808.
After generating the public key in Step 808, the new
generating point P' is cleared in Step 810 from the computer
system utilized to generate the public key by the first party.
0.147. In accordance with method 900, domain param
eters DP for an elliptic curve used in elliptic curve cryptog
raphy are identified by the first party in Step 902, and the
generating point P is transformed by the first party in Step
904 into a new generating point P. A private key also is
determined by the first party in Step 906. Thereafter, a digital
signature is generated by the first party in Step 908 as a
deterministic function of the private key and the identified
domain parameters; however, rather than using the generat
ing point P of the domain parameters, as would be conven
tional in generating a digital signature from a private key in
elliptic curve cryptography, the new generating point P' is
Substituted for this original generating point P of the domain
parameters in Step 908. After generating the digital signa
ture in Step 208, the new generating point P' is cleared in
Step 910 from the computer system utilized to generate the
digital signature by the first party.
0.148 Those skilled in the art will understand that, for
generation of a digital signature in accordance with certain
known standard. Such as ECDSA for example, a random
value (nondeterministic) function is used in the digital
signature generation. However, it will be appreciated that a
deterministic function could be used for digital signature
generation in application that do not require a random
number function or other nondeterministic function.

0149 FIG. 10 and FIG. 11 illustrate preferred methods
1000, 1100, respectively, for providing a public key in
accordance with the invention, and each method 1000, 1100

represents a species of the invention embodied in method

inventions. FIG. 8 and FIG. 9 illustrate certain methods

800. In accordance with described method 1000, domain

800, 900, respectively, in accordance with aspects of the
invention. Method 800 provides a public key in accordance
with an aspect of the invention, and method 900 provides a
digital signature in accordance with another aspect of the

parameters DP for an elliptic curve used in elliptic curve
cryptography are identified in Step 1002, including the
identification of a generating point P. The generating point P
is transformed in Step 1004 into a new generating point P'.
Several preferred methods exist for transforming the gener
ating point into the new generating point, four of which are
illustrated in FIGS. 15-18, discussed below. Any one of
these methods may be utilized in Step 1004.
0.150 Continuing with method 1000, a private key is
determined in Step 1006 by retrieving the private key from
a secure store. The secure store preferably comprises hard
ware of the first party designed to securely store the private

invention.

0145. In accordance with method 800, domain param
eters DP for an elliptic curve used in elliptic curve cryptog
raphy are identified by a first party in Step 802. Domain
parameters for an elliptic curve used in elliptic curve cryp
tography are well known, and conventionally include therein
a generating point P. The step of identifying the domain
parameters of the elliptic curve preferably includes receiving
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key and safeguard it from being divulged without authori
Zation, and the secure store may be physically integrated
with other hardware of the computer system in which the
public key is generated, or the secure store may comprise a
removable component of the computer system of the first
party Such as, for example, a removable Smartcard, a flash
drive, a floppy drive or any removable media or device that
can be used to transport keys and/or related Software that is
insertable into a reader of or otherwise operative with the
computer system. The removable component of the com
puter system of the first party should not be limited to the
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0151. Following the retrieving of the private key from the
secure store in Step 1006, a public key is generated in Step
1008 as a deterministic function of the retrieved private key
and the identified domain parameters; however, rather than
using the generating point P of the domain parameters, as
would be conventional in generating a public key from a
private key in elliptic curve cryptography, the new generat
ing point P' is substituted for this original generating point
P of the domain parameters in Step 1008. After generating
the public key in Step 1008, the public key is exported from
the computer system in Step 1010 for communicating to
another party that will be verifying digital signatures. The
new generating point P also is cleared in Step 1012.
0152. In accordance with preferred method 1100, domain
parameters DP for an elliptic curve used in elliptic curve
cryptography are identified in Step 1102, including the
identification of a generating point P. The generating point P
is transformed in Step 404 into a new generating point P'
using any of the several preferred methods for transforming
the generating point P into the new generating point P'

is transformed in Step 1204 into a new generating point P'.
As mentioned above, several exemplary methods exist for
transforming the generating point Pinto the new generating
point P', four of which methods are illustrated in FIGS.
15-18, discussed below. Any one of these methods may be
utilized in Step 1204.
0157 Continuing with method 1200, a private key is
determined in Step 1206 by retrieving the private key from
a secure store. Following the retrieving of the private key
from the secure store in Step 1206, a digital signature for an
electronic message is generated in Step 1208 as a function
of the retrieved private key and the identified domain
parameters; however, rather than using the generating point
P of the domain parameters, as would be conventional in
generating a digital signature from a private key in elliptic
curve cryptography, the new generating point P' is Substi
tuted for the original generating point P of the domain
parameters in Step 1208. After generating the digital signa
ture in Step 1208, the digital signature is exported from the
computer system in Step 1210 for communicating to another
party that will be verifying digital signatures. The new
generating point P also is cleared in Step 1212. The com
ments above in connection with FIG.9 relating to the use of
a deterministic vs. a nondeterministic function in generating
a digital signature are applicable here as well.
0158. In accordance with preferred method 1300, domain
parameters DP for an elliptic curve used in elliptic curve
cryptography are identified in Step 1302, including the
identification of a generating point P. The generating point P
is transformed in Step 1304 into a new generating point P'
using any of the several preferred methods for transforming
the generating point P into the new generating point P'

illustrated in FIGS. 15-18, discussed below.

illustrated in FIGS. 15-18, discussed below.

0153 Continuing with method 1100, a private key is
determined in Step 1106 by generating the private key
within the computer system of the first party as a determin
istic function of user input data that is received within the
computer system. The preferred method for generating the
private key is illustrated in FIG. 19, discussed below.
0154 Following the determining of the private key in
Step 1106, a public key is generated in Step 1108 as a
deterministic function of the retrieved private key and the
identified domain parameters; however, rather than using the
generating point P of the domain parameters, as would be
conventional in generating a public key from a private key
in elliptic curve cryptography, the new generating point P' is
Substituted for this original generating point P of the domain
parameters in Step 1108. After generating the public key in
Step 1108, the public key is exported from the computer
system in step 1110 for communicating to another party that
will be verifying digital signatures. The new generating
point P also is cleared in Step 1112.
0155 Similar to the aforementioned preferred methods
1000, 1100 for providing public keys, methods 1200, 1300
for providing digital signatures by a first party in accordance

0159) Continuing with method 1300, a private key is
determined in Step 1306 by generating the private key
within the computer system as a deterministic function of
user input data that is received within the computer system.
Again, the preferred method for generating the private key
is illustrated in FIG. 19, discussed below. Following the
determining of the private key in Step 1306, a digital
signature is generated in Step 1308 as a function of the
retrieved private key and the identified domain parameters:
however, rather than using the generating point P of the
domain parameters, as would be conventional in generating
a digital signature from a private key in elliptic curve
cryptography, the new generating point P' is Substituted for
the original generating point P of the domain parameters in
Step 1308. After generating the digital signature in Step
1308, the digital signature is exported from the computer
system in step 1310 for communicating to another party that
will be verifying digital signatures. The new generating
point P also is cleared in Step 1312. The comments above
in connection with FIG. 9 relating to the use of a determin
istic vs. a nondeterministic function in generating a digital
signature are applicable here as well.
0160 FIG. 14 illustrates a preferred method 1400 for
verifying a digital signature and is performed by a party that
receives both a public key and a digital signature that have
been generated in accordance with the invention as dis
cussed above. In Step 1402, domain parameters DP for an
elliptic curve used in elliptic curve cryptography are iden
tified and comprise the same domain parameters that were

ones listed above.

with the invention are illustrated in FIG. 12 and FIG. 13,

respectively, as described next.
0156. In accordance with preferred method 1200, domain
parameters DP for an elliptic curve used in elliptic curve
cryptography are identified in Step 1202, including the
identification of a generating point P. The generating point P
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identified when the public key and the digital signature were
generated. To this end, both the receiving party and the party
generating the public key and the digital signature must
know the domain parameters to be used.
0161 Continuing with preferred method 1400, the
receiving party transforms the generating point P in Step
1404 into a new generating point P using any of the
preferred methods for transforming the generating point P
into the new generating point P' illustrated in FIGS. 15-18,
discussed below. The receiving party then retrieves in Step
1406 a public key from a secure store, which public key
preferably has been received from the first party. The
receiving party then Verifies (i.e., attempts to Verify) in Step
1408 the digital signature as a function of the retrieved
public key and the identified domain parameters; however,
rather than using the generating point P of the domain
parameters, as would be conventional in verifying the digital
signature in elliptic curve cryptography, the new generating
point P' is substituted for this original generating point P of
the domain parameters in Step 1408. After verifying the
digital signature in Step 1408, the public key and the new
generating point P are cleared from the computer system of
the receiving party (but, of course, the public key does
continue to be saved in the secure store of the receiving party
for later verification of digital signatures). The comments
above in connection with FIG. 9 relating to the use of a
deterministic VS. a nondeterministic function in generating a
digital signature are applicable here as well, as relating to
verifying the digital signature.
0162 FIG. 15, FIG. 16, FIG. 17, and FIG. 18 each
illustrates a method for transforming a generating point P of
identified domain parameters into a new generating point P'.
In each described method, the generating point is trans
formed as a deterministic function of shared knowledge
(sometimes abbreviated herein as “SK) that is known both
to the party generating the public key and the digital
signature, and to the party verifying the digital signature.
Without both parties knowing the shared knowledge, the
same new generating point could not be calculated and the
party receiving the public key and the digital signature
would be incapable of Verifying the digital signature using
the public key.
0163 With particular regard to each of these four dis
closed methods, FIG. 15 illustrates a first preferred method
1500 in which the shared knowledge is input into the
computer system by a user, e.g., the first party. Preferably,
the user who inputs the shared knowledge also represents the
owner of the private key that is utilized to generate the
public key and to generate digital signatures. Consequently,
method 800 further preferably is performed by the first party
that generates the public key and the digital signature, but
not by the party that receives the public key and verifies
digital signatures.
0164. Accordingly, in method 1500, the shared knowl
edge is received from user input in Step 1502. In Step 1504,
the shared knowledge is utilized to generate a transformer
and, specifically, the transformer is generated as a determin
istic function of the shared knowledge. The output of the
deterministic function preferably is a large integer value, and
any function that can deterministically generate a suitably
large number from an input value can be used as the
deterministic function to generate the transformer. The
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deterministic function itself may include Such algorithms as
hashing the shared knowledge; hashing multiple times the
shared knowledge; and hashing multiple times the shared
knowledge while folding interim hashes together. Moreover,
any hashing algorithm used preferably is a strong hash
function.

0.165. Thereafter, the shared knowledge is cleared in Step
1506 from the computer system, whereby the user input
must be received yet again in order to generate the trans
former. Furthermore, the transformer then is utilized in

generating the new generating point P' in that the new
generating point is generated in Step 1508 as a deterministic
function of the transformer and the initial generating point P
of the identified domain parameters. Moreover, the trans
former is cleared in Step 1510 from the computer system
following the transformation of the generating point P into
the new generating point P', whereby the transformer must
be generated again within the computer system in order to
generate the new generating point.
0166 FIG. 16 illustrates a second method 1600 in which
the shared knowledge is retrieved in Step 1602 from a secure
store of the computer system in which the generating point
is transformed and the transformer is generated as a deter
ministic function of the shared knowledge in Step 1604. The
output of the deterministic function preferably is a large
integer value, and any function that can deterministically
generate a suitably large number from an input value can be
used as the deterministic function to generate the trans
former. The deterministic function itself may include such
algorithms as hashing the shared knowledge; hashing mul
tiple times the shared knowledge; and hashing multiple
times the shared knowledge while folding interim hashes
together. Moreover, any hashing algorithm used preferably
is a strong hash function.
0.167 Thereafter, the shared knowledge is cleared in Step
1606 from the computer system (but not from the secure
store), whereby the shared knowledge must be retrieved yet
again from the secure store in order to generate the trans
former. The new generating point thereafter is generated in
Step 1608 as a deterministic function of the transformer and
the initial generating point P of the identified domain param
eters. Moreover, the transformer is cleared in Step 1610
from the computer system following the transformation of
the generating point P into the new generating point P',
whereby the transformer must be generated again within the
computer system in order to regenerate the new generating
point.
0168 FIG. 17 illustrates a third method 1700 in which
the shared knowledge is retrieved in Step 1702 from a third
party that is different from the first party that generates the
public key and digital signatures, and that is different from
the party that receives the public key and verifies the digital
signatures. It is contemplated that the receiving party may
comprise a service provider of one or more of the other
parties for facilitating digital signature communications. In
this regard, the receiving party may keep public keys of
many different first parties and may provide a digital sig
nature verification service to various third parties. In this
scenario, the shared knowledge may comprise account infor
mation of the third party, which account information may be
provided by the third party to each of the first party and the
receiving party for independent calculation of the same
transformer by each party.
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0169. In any event, the transformer then is generated as
a deterministic function of the shared knowledge in Step
1704. The output of the deterministic function preferably is
a large integer value, and any function that can determinis
tically generate a suitably large number from an input value
can be used as the deterministic function to generate the
transformer. The deterministic function itself may include
Such algorithms as hashing the shared knowledge; hashing
multiple times the shared knowledge; and hashing multiple
times the shared knowledge while folding interim hashes
together. Moreover, any hashing algorithm used preferably
is a strong hash function.
0170 Thereafter, the shared knowledge is cleared in Step
1706 from the computer system, whereby the shared knowl
edge must be retrieved yet again from the third party in order
to regenerate the transformer. Optionally, the shared knowl
edge may be saved in a secure store following its receipt
from the third party. In such case, the preferred method 1600
of FIG.16 may be utilized in subsequent transformations of
the generating point P.
0171 The new generating point thereafter is generated in
Step 1708 as a deterministic function of the transformer and
the initial generating point P of the identified domain param
eters. Moreover, the transformer is cleared in Step 1710
from the computer system following the transformation of
the generating point P into the new generating point P',
whereby the transformer must be regenerated again within
the computer system in order to regenerate the new gener
ating point.
0172 FIG. 18 illustrates the fourth method 1800, in
which the shared knowledge itself is generated in Step 1802
from a deterministic function of one or more arguments that
are predefined between the first party and the receiving
party. As will be appreciated, by knowing the deterministic
function and arguments to use, each party may indepen
dently generate the shared knowledge.
0173. In Step 1804, the transformer is generated as a
deterministic function of the shared knowledge generated in
Step 1802. The output of the deterministic function prefer
ably is a large integer value, and any function that can
deterministically generate a Suitably large number from an
input value can be used as the deterministic function to
generate the transformer. The deterministic function itself
may include Such algorithms as hashing the shared knowl
edge; hashing multiple times the shared knowledge; and
hashing multiple times the shared knowledge while folding
interim hashes together. Moreover, any hashing algorithm
used preferably is a strong hash function.
0174 Thereafter, the shared knowledge generated in Step
1802 is cleared in Step 1806 from the computer system,
whereby shared knowledge must be regenerated in order to
generate the transformer. The new generating point P' there
after is generated in Step 1808 as a deterministic function of
the transformer and the initial generating point P of the
identified domain parameters. Moreover, the transformer is
cleared in Step 1810 from the computer system following
the transformation of the generating point P into the new
generating point P, whereby the transformer must be gen
erated again within the computer system in order to regen
erate the new generating point.
0175. As will be appreciated, the deterministic function
and predefined arguments used in Step 1802 should be
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protected as if such information itself were the shared
knowledge, as the shared knowledge is directly derived from
the deterministic function and the predefined arguments
represents and is directly represented thereby. Furthermore,
as will be appreciated, in accordance with method 1800, the
shared knowledge may change over time and need not be
static So long as the function used to calculate it is deter
ministic, and so long as the parties know to use the same
arguments (values) each time that the shared knowledge is
to be calculated.

0176 FIG. 19 illustrates three steps of a method 1900 for
providing a private key in accordance with the invention.
The method 1900 is performed in a computer system such
as, for example, any one of a desktop computer; a laptop
computer, a personal digital assistant (PDA); and a tele
phonic device.
0177. This method includes Step 1902 of receiving into
the computer system user input data; Step 1904 of generat
ing within the computer system a private key as a determin
istic function of the received UID; and, following generation
of the private key, Step 1906 of clearing from the computer
system the received UID so that the UID is no longer
available within the computer system for regenerating the
private key within the computer system. In this respect, the
UID preferably is cleared in Step 1906 so that the UID must
be received again within the computer system in order to
regenerate the private key within the computer system using
the same deterministic function of Step 1904. Furthermore,
the private key generated in Step 1904 is utilized in a
cryptographic operation but, preferably, is not exported from
the computer system in which it is generated.
0.178 The UID received in Step 1902 may be something
that is known by the user or something that is generally
unique to the user, such as a biometric, or both. If the UID
is to comprise something that is known by the user, then the
UID preferably comprises any one of a PIN, password, and
passphrase. If the UID is to comprise something that is
generally unique to the user, then the UID preferably com
prises a physical or behavioral biometric. Examples of
physical biometrics include: facial characteristics; hand
geometry; fingerprints; thumbprints; ocular characteristics,
such as of the retina or iris; vascular patterns; and DNA
patterns. Examples of behavioral characteristics include:
Vocal behavior; signature dynamics; and keystroke dynam
1CS

0179 Step 1906 of clearing the received UID preferably
includes overwriting the UID wherever it is stored or saved
in memory of the computer system. The overwriting pref
erably includes wiping or writing pseudo random bit strings
to the data blocks of the computer memory in which the UID
is saved or stored. (Of course, the step of clearing does not
necessarily include clearing from a secure store.)
0180. In a feature of this method 1900, the clearing of the
UID is performed immediately upon the generating of the
private key in Step 1904. In this case, the UID is only
temporarily stored within the computer system (e.g., cached
in RAM or in a paging file) for a very short period, and it is
extremely transient in nature. The transient nature of the
UID reduces the risk that the UID may be copied or
otherwise compromised by another who would then utilize
the UID in regenerating the private key for use without
authorization (assuming such person also was able to com
promise the transformer).
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0181. In an alternative feature of this method 1900, the
clearing of the UID is not performed immediately upon the
generating of the private key in Step 1904 but, instead, it
cleared within a short, predetermined period of time, i.e.,
when a short, predetermined period of time has expired. In
this case, the UID is temporarily stored within the computer
system for the short, predetermined period of time, whereby
the cryptographic key can be regenerated using the stored
UID during this short, predetermined period of time, as
needed. While this does increases to some extent the risk of

compromise of the UID, the temporary retention of the UID
for regenerating of the cryptographic key during this short,
predetermined period of time may provide an appreciable
convenience to the authorized user. For example, with this
feature, the authorized user can continue to regenerate and
use the cryptographic key in other cryptographic operations
during this short, predetermined period of time without the
UID having to be received again within the computer
system. The short, predetermined period of time after which
the UID may be cleared may be a predetermined fixed
amount of time. Alternatively, or in addition thereto, this
period of time may be defined by a beginning event and
ending event.
0182. The deterministic function of Step 1904 of method
1900 outputs a value using the UID as an argument of the
function. This value represents the private key. The function
is “deterministic’ because each time the same UID is used

as an argument of the function, the same output is received.
In the preferred embodiment, the output of the deterministic
function in step 1204 preferably is a large integer value.
Furthermore, any function that can deterministically gener
ate a suitably large number from an input value can be used
as the deterministic function of step 1904 to generate the
private key, as a private key for use in ECC is fundamentally
any suitably large number. The deterministic function itself
may include Such algorithms as hashing the UID; hashing
multiple times the UID; and hashing multiple times the UID
while folding interim hashes together. Moreover, any hash
ing algorithm used preferably is a strong hash function. As
will be appreciated by one having ordinary skill in the art,
a strong hash function is a hashing algorithm that is con
sidered secure because it: 1) it is computationally infeasible
to find UID that corresponds to a given message digest; and,
2) it is computationally infeasible to find two UIDs that
produce the same message digest. Using a strong hash
function, any change to the UID will, with a very high
probability, result in a different message digest.
0183 As will be appreciated from the foregoing, method
1900 safeguards the private key by not storing or saving the
private key within a computer system for any extended or
indefinite period of time. Instead, the private key is ephem
eral and generated from time-to-time, as needed, based on
input data from a user. Because the private key is not stored
or saved for an extended or indefinite period of time within
the computer system, the private key is less Susceptible to
compromise compared to a system in which a private key is
stored for an extended or indefinite period of time within the
computer system. Preferably, the private key is destroyed
after each use and must be regenerated again each time the
private key is required for a cryptographic operation or
function Such as, for example, generating a public key or
generating a digital signature.
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0184 FIG. 20 illustrates yet another method 2000 for
providing a digital signature in accordance with the inven
tion. This method 2000 incorporates the aforementioned
method 1900 for providing a private key, in that the UID is
received in Step 2002; the private key is generated in Step
2004 as a deterministic function of the UID; and the UID

then is cleared from the computer system following the
generation of the private key in Step 2006 so that the UID
must be received again within the computer system in order
to regenerate the private key.
0185. Method 2000 further includes identifying in Step
2010 domain parameters for an elliptic curve used in elliptic
curve cryptography; transforming in Step 2012 the identified
generating point P utilizing one of the four preferred meth
ods of FIGS. 15-18; generating a digital signature in Step
2014 as a function of the private key and identified domain
parameters, in which the generating point P is replaced with
the new generating point P; exporting the digital signature
in Step 2016; and, thereafter, clearing the private key and the
new generating point from the computer system. The com
ments above in connection with FIG.9 relating to the use of
a deterministic vs. a nondeterministic function in generating
a digital signature are applicable here as well.
0186. Additionally, method 2000 includes in Step 2008
maintaining an indicator, and the generation of the digital
signature further includes the indicator as another argument
of the function in Step 2014. The indicator that is maintained
preferably indicates whether a digital signature has yet been
generated in Step 2014 since the last receipt of the UID in
Step 2002 and/or whether a digital signature has yet been
generated in Step 2014 since the last generation of the
private key in Step 2004. Additionally, or alternatively, the
indicator that is maintained may indicate whether a digital
signature has yet been generated in Step 2014 since the last
transformation of a generating point in Step 2012.
0187. The function for generating the digital signature
preferably includes appending the indicator to that which is
digitally signed such as, for example, an electronic message.
The indicator may comprise, for example, either a “1” or “O'”
appended to the beginning or end of the electronic message.
Of course, the indicator also should be communicated to the

recipient of that which was digitally signed in order for the
recipient to be able to verify the digital signature; however,
the indicator need not be communicated if the recipient is
aware of the possible values of the indicator and, therefore,
can verify the digital signature by checking all possibilities.
For example, the recipient of the electronic message and
digital signature for the message—which in this case is the
digital signature of both the message and the indicator
appended thereto—can append the known different possible
values of the indicator to the electronic message in Verifying
the digital signature. One of the different possibilities should
result in verification of the digital signature, provided that
the message was not changed in transit and that the true
private key was used in generating the digital signature.
0188 Additional information regarding transmission of
an indicator and, in particular, an indicator of Verification
status, is disclosed in U.S. patent application publication no.
2004/0005051 A1, which application publication is incor
porated herein by reference. The maintenance of an indicator
is particularly useful when multiple digital signatures may
be generated within a predefined period of time after gen
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eration of the private key, because a particular transaction
may require that the digital signature be the first digital
signature generated so as to reduce the chances that a digital
signature was generated without authorization.
What is claimed is:

1. An invention comprising a method for facilitating
digital signature communications of a first party with mul
tiple third parties, the method comprising the steps of:
(a) communicating software to the first party, the Software
including computer-executable instructions for,
(i) providing a first public key of the first party by
performing the steps of
(A) with respect to domain parameters of an elliptic
curve for use in elliptic curve cryptography and, in
particular, a generating point of the elliptic curve,
transforming within the computer system the gen
erating point into a first new generating point as a
deterministic function of first data specified by the
first party,
(B) generating within the computer system the first
public key as a deterministic function of a private
key and the domain parameters, in which the first
new generating point of said step (i)(A) is Substi
tuted for the generating point of the domain
parameters, and
(C) exporting the first public key of said step (i)(B)
from the computer system, and
(ii) providing a second public key of the first party by
performing the steps of
(A) transforming within the computer system the
generating point of the domain parameters of said
step (i)(A) into a second new generating point as
a deterministic function of second data specified
by the first party,
(B) generating within the computer system the sec
ond public key as a deterministic function of the
same private key and the same domain param
eters, in which the second new generating point of
said step (ii)(A) is Substituted for the generating
point of the domain parameters, and
(C) exporting the second public key of said step
(ii)(B) from the computer system,
(iii) wherein,
(A) said generated first public key comprises, in
conjunction with the private key, a first public
private key pair of the first party for use in elliptic
curve cryptography, and
(B) said generated second public key comprises, in
conjunction with the private key, a second differ
ent public-private key pair of the first party for use
in elliptic curve cryptography;
(b) receiving from the first party both the first and second
public keys generated using the Software communi
cated to the first party in said step (a); and
(c) recording in a database said received public keys of the
first party in association with information pertaining to
said communicated Software of said step (a).
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2. The invention of claim 1, wherein the deterministic

function recited in said step of transforming the generating
point into the first new generating point comprises a deter
ministic function of shared knowledge.
3. The invention of claim 2, wherein the shared knowl

edge is known to the first party and a third party.
4. The invention of claim 2, wherein the shared knowl

edge comprises an account number for an account of the first
party that is maintained with a third party.
5. The invention of claim 2, wherein the shared knowl

edge is specified by the first party by being input by the first
party into the computer system at prompting by the Software.
6. The invention of claim 2, wherein the shared knowl

edge comprises a deterministic function of one or more
predefined arguments, wherein the deterministic function
and predefined arguments are known both to the first party
and a third party, whereby both the first party and the third
party may independently calculate the shared knowledge.
7. The invention of claim 2, wherein the deterministic

function of the shared knowledge outputs a large integer
value.

8. The invention of claim 4, wherein the generating point
is transformed into the first new generating point by multi
plying the generating point by the large integer value to
arrive at the first new generating point.
9. The invention of claim 1, wherein the deterministic

function recited in said step of transforming the generating
point into the second new generating point comprises a
deterministic function of shared knowledge.
10. The invention of claim 1, wherein the information

recorded in said step (c) comprises information regarding
the deterministic function used to generate the first and
second public keys.
11. The invention of claim 1, wherein the information

recorded in said step (c) comprises information regarding a
function used to generate a first and second digital signa
tures.

12. The invention of claim 1, wherein the software further

includes computer-executable instructions for clearing the
first and second new generating points from the computer
system.

13. The invention of claim 12, wherein the information

recorded in said step (c) comprises information regarding
when the clearing of the new generating points is performed.

14. The invention of claim 1, wherein the software further

includes computer-executable instructions for clearing the
first and second data specified by the first party.

15. The invention of claim 14, wherein the information

recorded in said step (c) comprises information regarding
when the clearing of the first and second data is performed.
16. The invention of claim 1, wherein the information

recorded in said step (c) comprises the version of the
software.

17. The invention of claim 1, wherein said step (a) of
communicating the Software comprises communicating the
software to the first party over the Internet.
18. The invention of claim 17, wherein the software is
downloaded from a website.

19. The invention of claim 1, wherein said step (a) is
performed by a second party, and wherein said communi
cated Software of said step (a) further includes computer
executable instructions for exporting information identify
ing said communicated Software to the second party.
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20. The invention of claim 19, wherein the identifying
information includes a hash value of the software.

21. The invention of claim 19, wherein the identifying
information is digitally signed using said communicated
software.

22. The invention of claim 19, wherein the information

identifying said communicated Software to the second party
is exported for communicating to the second party with the
first and second public keys.
23. The invention of claim 22, wherein the second party
performs said step (c) of recording the received public keys
in association with the information, and wherein said

recorded information pertains to the software identified to
the second party by said identifying information.
24. The invention of claim 1, further comprising com
puter-readable media containing computer-executable
instructions for performing the method of said steps (a), (b).
and (c).
25. The invention of claim 1, further comprising receiving
a request from a third party, the request including the first
public key of the first party, and in response, communicating
said recorded information pertaining to said communicated
software to the third party.
26. The invention of claim 1, further comprising receiving
a request from a third party, the request including the second
public key of the first party, and in response, communicating
said recorded information pertaining to said communicated
software to the third party.
27. The invention of claim 1, further comprising receiving
an identifier of the first party, and recording in the database
the identifier of the first party in association with the first and
second public keys and the information pertaining to said
communicated Software.

28. The invention of claim 27, further comprising receiv
ing a request from a third party, the request including the
identifier of the first party, and in response, communicating
said recorded information pertaining to said communicated
software to the third party.
29. The invention of claim 28, further comprising receiv
ing additional information regarding the first party, record
ing in the database the additional information in association
with the identifier of the first party, and communicating, in
response to a request, said recorded additional information
regarding the first party.
30. The invention of claim 1, wherein the software further

includes computer-executable instructions for,
(iv) providing a first digital signature using an elliptic
curve digital signature algorithm for Verification using
the first public key by performing the steps of
(A) transforming within the computer system the gen
erating point of the domain parameters of said step
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(i)(A) into the first new generating point as a deter
ministic function of the first data that is again speci
fied by the first party,
(B) generating within the computer system the first
digital signature as a function of the private key of
said step (i)(B) and the domain parameters, in which
the first new generating point of said step (iv)(A) is
Substituted for the generating point of the domain
parameters, and
(C) exporting the first digital signature from the com
puter system, and
(v) providing a second digital signature using the elliptic
curve digital signature algorithm for Verification using
the second public key by performing the steps of
(A) transforming within the computer system the gen
erating point of the domain parameters of said step
(i)(A) into the second new generating point as a
deterministic function of the second data that is again
specified by the first party,
(B) generating within the computer system the digital
signature as a function of the private key of said step
(i)(B) and the domain parameters, in which the
second new generating point of said step (V)(A) is
Substituted for the generating point of the domain
parameters, and
(C) exporting said generated digital signature from the
computer System.
31. The invention of claim 30, wherein each function

recited in each of said steps of generating the first and
second digital signatures comprises a function of an elec
tronic message to which the respective digital signature
applies.
32. The invention of claim 30, wherein the software

further includes computer-executable instructions for pro
viding additional digital signatures as a function of the
private key and the first new generating point, and for
providing additional digital signatures as a function of the
private key and the second new generating point.
33. The invention of claim 32, wherein the function

recited in said step of generating the first digital signature
further comprises a function of whether a digital signature
has yet been generated since the first data was specified by
the first party.

34. The invention of claim 32, wherein the function

recited in said step of generating the second digital signature
further comprises a function of whether a digital signature
has yet been generated since the second data was specified
by the first party.

