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COMPUTING DSTORTION OF MEDIA 
SIGNALS EMBEDDED DATA WITH 
REPETITIVE STRUCTURE AND 

LOG-POLAR MAPPING 

RELATED APPLICATION DATED 

This application claims the benefit of the following pro 
visional applications: 60/434,823, filed Dec. 18, 2002, 
60/428,485, filed Nov. 21, 2002, and 60/404,038, filed Aug. 
15, 2002, which are hereby incorporated by reference. 

TECHNICAL FIELD 

The invention relates to digital watermarking, and par 
ticularly to digital watermarking of image and video signals. 

BACKGROUND AND SUMMARY 

Digital watermarking is a process for modifying physical 
or electronic media to embed a hidden machine-readable 
code into the media. The media may be modified such that 
the embedded code is imperceptible or nearly imperceptible 
to the user, yet may be detected through an automated 
detection process. Most commonly, digital watermarking is 
applied to media signals such as images, audio signals, and 
Video signals. However, it may also be applied to other types 
of media objects, including documents (e.g., through line, 
word or character shifting), Software, multi-dimensional 
graphics models, and Surface textures of objects. 

Digital watermarking systems typically have two primary 
components: an encoder that embeds the watermark in a host 
media signal, and a decoder that detects and reads the 
embedded watermark from a signal Suspected of containing 
a watermark (a suspect signal). The encoder embeds a 
watermark by Subtly altering the host media signal. The 
reading component analyzes a suspect signal to detect 
whether a watermark is present. In applications where the 
watermark encodes information, the reader extracts this 
information from the detected watermark. 

Several particular watermarking techniques have been 
developed. The reader is presumed to be familiar with the 
literature in this field. Particular techniques for embedding 
and detecting imperceptible watermarks in media signals are 
detailed in the assignee's application Ser. No. 09/503,881 
(now U.S. Pat. Nos. 6,614,914) and 6,122.403, which are 
hereby incorporated by reference. This application is also 
related to U.S. Provisional Application 60/404,038, filed 
Aug. 15, 2002, and 60/428,485, filed Nov. 21, 2002. 
The invention provides a method of determining distor 

tion of a signal with embedded data. This method transforms 
the signal into a transform domain to produce peaks due to 
a repetitive structure of the embedded data in the signal. The 
method then performs a re-mapping of the transformed 
signal to convert distortion into spatial shifts. The method 
performs a correlation of the mapped signal with a signal 
representing an expected pattern of peaks associated with 
the repetitive structure of the embedded data signal. This 
correlation detects the spatial shifts of the embedded data, 
and these spatial shifts provide a measure of the distortion of 
the signal. 

This method is specifically used for synchronizing a 
digital watermark. An embodiment of the method computes 
an autocorrelation of a watermarked image, maps the auto 
correlation signal to a log polar coordinate system, and 
correlates the log polar representation of the autocorrelation 
signal with a template to compute rotation and spatial 
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2 
Scaling of the embedded digital watermark. In this method, 
the digital watermark has a regular, repetitive (e.g., periodic) 
structure. In particular, the watermark w(x,y) is constructed 
by repeating an elementary watermark tile w(x,y) (of size 
NxM) in a non-overlapping fashion. This tiled structure of 
the watermark can be detected by autocorrelation, where the 
autocorrelation of the watermarked signal has a peak at the 
center of each tile. These peaks form a template comprising 
a two dimensional array of uniformly spaced points. Rota 
tion of the watermarked signal causes a rotation of this array. 
Also, spatial scaling of the watermarked signal changes the 
spacing between the points. To determine rotation and scale 
of a geometrically distorted version of the watermarked 
signal, the watermark detector performs a log-polar trans 
formation of the autocorrelation signal to convert rotation 
and Scale changes to the peaks in the autocorrelation signal 
to linear shifts. A linear correlation between a template and 
the autocorrelation peaks in the log polar domain produces 
a correlation peak at a location corresponding to the rotation 
and scale of the watermark relative to its original orientation. 
This rotation and scale is then used to return the water 
marked signal to its original orientation. The watermark 
signal may then be decoded using one of many known 
watermark encoding/decoding schemes. 

BRIEF DESCRIPTION OF THE DRAWINGS 

FIG. 1 is a flow diagram illustrating a detection process 
that exploits the repetitive structure in the log polar domain. 

FIGS. 2A and 2B are watermarked images. FIG. 2A is the 
original watermarked image, and FIG. 2B is the water 
marked image rotated 27 counter-clockwise and scaled 
O.91%. 

FIG. 3A is the watermarked image of FIG. 2B after 
filtering with a high pass non-linear filter. FIG. 3B is the 
autocorrelation of the image in FIG. 3A. FIG. 3C is a 
hypothetical autocorrelation of an un-scaled and un-rotated 
digital watermark. This autocorrelation represents a tem 
plate pattern. 

FIG. 4A is the log polar mapping of FIG. 3B, and FIG. 4B 
is the log polar mapping of FIG.3C. FIG. 4C is the log polar 
mapping of the autocorrelation of an image watermarked 
with tiles of a 128 by 100 random pattern. 

FIG. 5A illustrates the results of a phase only matched 
filter when applied to the image in FIG. 4A. FIG. 5B 
illustrates the results of the phase only matched filter when 
applied to the image in FIG. 4C. 

DETAILED DESCRIPTION 

This document describes methods and systems for digital 
watermark embedding and reading in media signals, includ 
ing still image and video signals. Current embodiments of 
these methods are implemented in Software instructions, and 
in particular, the C and/or C++ programming language. 
These methods may also be implemented in digital hardware 
circuitry, firmware, or a combination of hardware, software 
and firmware. 

This section provides a description of an implementation 
for determining distortion of media signals, such as still 
image and video signals. The method is particularly used to 
synchronize a digital watermark detector by computing 
geometric distortion of an image using data embedded in the 
image. The method may be adapted to other types of signals 
including temporal signals like audio, and may be applied to 
the log-log mapping, log-polar mapping, and other combi 
nations of log or polar mappings of a media signal. In media 
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signals with a temporal component like audio and video, the 
techniques described for detecting embedded data with 
spatial scaling can be applied to detect time (also referred to 
as temporal) scaling, such as with time scale changes, speed 
increases or decreases, and other distortions to the time scale 
of the signal. 

Watermarking algorithms, such as those described in U.S. 
Pat. No. 6,122.403, embed the watermark into the image as 
contiguous non-overlapping tiles. This tiling structure forms 
an implicit synchronization template that can be revealed 
through autocorrelation. This template is composed of a set 
of weak peaks, replicating the relative position of the 
watermark tiles. Hence, synchronization can be resolved by 
comparing the actual locations of these peaks to the theo 
retical ones to determine the Scaling factor and the orienta 
tion angle of the tiles. Unfortunately, these peaks are very 
weak and measuring their locations directly is not easy. In 
this document, a log-polar mapping of the synchronization 
template is computed to convert the scaling factor and the 
rotation angle of the template into Vertical and horizontal 
shifts. These shifts are then detected using a Phase-Only 
Matched filter (POM), which concentrates the weak energy 
from all peaks into a single peak that is much easier to 
detect. The scaling factor and orientation angle are deter 
mined from the location of this peak. Simulation results of 
this method have shown that this method is very effective 
and produces accurate results. 

Digital watermarking is the technique of hiding informa 
tion in media Such as image, video, and audio. Due to its 
many important applications, watermarking has become an 
important field during the past decade. Its applications 
include authentication, copyright protection, fingerprinting, 
Video monitoring, connected media, and device control. In 
most of these applications, the media undergoes uninten 
tional manipulations and processing that usually cause a 
change in the scale and rotation of the watermarked media. 
Moreover, in many of these applications, attackers may 
attempt to defeat the watermark as a security feature by 
intentionally changing the scale and rotation of the media. 
Therefore, a robust watermarking system must be capable of 
re-synchronizing itself against Scaling and rotation. 
The use of an exhaustive search is the easiest, but most 

computationally intensive and hence most time-consuming, 
method of geometric synchronization. The template 
approach, however, has the potential to provide a more 
efficient geometric synchronization. It uses an explicit, but 
hidden, synchronization template to guide the resynchroni 
Zation process. In some implementations, the template is a 
constellation of peaks embedded in the magnitude of the 
Fourier transform of the media. The Fourier magnitude 
rotates and shrinkS/expands according to the rotation and 
Scaling of the original image. Hence, the rotation angle and 
the Scaling factor can be easily determined from the tem 
plate. The Fourier-Mellin transform has been used to convert 
the Scaling factor and rotation angle into horizontal and 
vertical shifts. See, for example, U.S. Pat. No. 6,122.403 and 
related parent patents. Also, a POM has been used to 
effectively detect these shifts. As with other approaches, this 
approach forces a trade-off between robustness and capacity 
of the watermark due to the allocation of energy between 
synchronization and variable message portion of the water 
mark. 
A self-synchronizing watermark has been proposed as 

another method for geometric synchronization. See, for 
example, the approach of encoding in bit cells in U.S. Pat. 
No. 6,122.403. In this approach, a pseudo-random water 
mark is tiled over the image in a non-overlapping fashion. 
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4 
The tiling structure forms an implicit template that can be 
revealed by computing the autocorrelation of the image. In 
this case, the autocorrelation function contains a regular 
pattern of peaks, replicating the relative position of the 
watermark tiles. By comparing the actual locations of these 
peaks with the theoretical ones the Synchronization can be 
resolved. Unfortunately, these peaks are sometimes weak, 
and detecting them may be difficult. 

In this document, we propose to detect the autocorrelation 
peaks of the self-synchronizing watermark through a process 
similar to that used with the explicit template approach 
described above. For this purpose, a log-polar mapping of 
the autocorrelation image is computed to convert the scaling 
factor and the rotation angle into vertical and horizontal 
shifts. These shifts are then detected using a Phase-Only 
Matched filter, which concentrates the weak energy from all 
peaks into a single peak that is much easier to detect. 

FIG. 1 is a flow diagram illustrating a detection process 
that exploits the repetitive structure in the log polar domain. 
The detector receives as input a watermarked image signal 
20, which may be a still image or moving image sequence 
(e.g., video). The detector transforms the input signal to a 
domain that emphasizes the repetitive structure of the water 
mark (22). One Such transform is an autocorrelation. 
Another is a Fourier transform. Note that the autocorrelation 
can be implemented using the Fourier transform. Other 
examples include convolution operations. These examples 
of transforms share the property that they emphasize the 
periodic or repetitive watermark structure in the form of a 
detectable pattern of peaks. The transformed signal is 
mapped into a log polar domain (24). In this domain, a 
matched filter detects the pattern associated with the repeti 
tive structure (26), and the location of the detected pattern in 
log polar space indicates the location of the embedded 
digital watermark and its rotation and Scale parameters (28). 

Having described the process in general, we now explore 
the method of using autocorrelation as the transform in more 
detail. In our example, the watermark w(x,y) is embedded in 
the spatial domain of the host image I(X,y) (of size XXy) as 
follows: 

where g(x,y) is an adaptive gain, which is used to reduce 
image distortion while maximizing watermark detection. 
The watermark w(x,y) is constructed by repeating an 

elementary watermark tile w(x,y) (of size KXL) in a non 
overlapping fashion, such that it covers I(X,y). 

The watermark can also be embedded in the magnitude of 
the Fourier transform of I(x,y) as follows: 

where S() represents the 2-D Fourier transform and is 
the magnitude operator. The autocorrelation function m(m,n) 
of the watermarked image I(X,y) can be expressed as 
follows: 

-l (3) 
(m, n) (n + y, n + iy) 

O X O 
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When equation (1) is substituted in the above equation, 
m (m,n) can be written as: 

(4) 

The cross-correlation terms (last two terms) of the above 
equation can be ignored, since the watermark can be safely 
assumed to be uncorrelated with the host image. In this case, 
the autocorrelation function can be simplified to 

where p(m,n) is the autocorrelation function of the host 
image and (m,n) is the autocorrelation function of the 
scaled watermark w(x,y). If w(x,y) is designed to be uncor 
related random noise, its autocorrelation function will be a 
delta function. This causes peaks to occur in the autocorre 
lation function (m,n) exactly at locations corresponding to 
the relative offsets of watermark tiles w(x,y). The constel 
lation formed by these correlation peaks forms a template 
that can be exploited for re-synchronization. Applying a 
linear transformation A to I(X,y) causes the autocorrelation 
coefficients m(x,y), thus the peaks, to move to new locations 
(x,y) according to the equation: 

For a uniform Scaling by factor S and a counter clockwise 
rotation by angle 0, A is given by: 

Scosé - Ssine (7) A = Ssine Scosé 

It should be noted that in the case of frequency domain 
watermark embedding, according to equation (2), the auto 
correlation function m(m,n) must be computed using S(I, 
(x,y)), instead of I(x,y). In this case, the assumption that 
the watermark is not correlated with the host image is more 
applicable. This is because the coefficients resulting from the 
Fourier transform are normally de-correlated and the energy 
is concentrated on a few coefficients. This makes the FFT 
coefficients less correlated with the pseudo-random water 
mark. It also reduces image interference with the correlation 
peaks. 

Transforming the Cartesian coordinates of equation (6) 
into polar coordinates using Xp sin C, y-p cos C. and X'p 
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6 
sin C", y'O coS C', and Substituting equation (7), the fol 
lowing equation can be obtained: 

C cos(a + 6) (8) 
sin(a + 6) p'sina' 

The above equation suggests that if the autocorrelation 
function is re-sampled using log-polar mapping, the follow 
ing results can be obtained: 

|| || 
where the origin of the log-polar mapping is chosen at the 
center of the image. Equation (9) converts any rotation in the 
watermarked image into a shift in the horizontal axes. The 
magnitude of this shift exactly equals the rotation angle. 
Similarly, it converts any scaling in the image into a shift in 
the vertical axes. The magnitude of this shift exactly equals 
the log of the scaling factor. These two linear shifts in 
log-polar domain can be detected using the following POM: 

a' (9) 

logo 

f(LP(n (m, n))) : f(LPd(n, a) (10) 

66: where denotes the complex conjugate, LP() is the 
log-polar mapping and (p(m,n) is the autocorrelation of the 
embedded watermark before rotation and scaling, which can 
be generated by creating a hypothetical pattern with Zeros 
everywhere and with ones at the expected peak locations. 
The S(m,n) represents the output of the POM filter, which 
contains a peak at the location (mo, no). The Scaling factor, 
S, and the rotation angle, 0, are related to the values of mo 
and no as follows: 

e "0 mos. X 12 
S = X 

e "0 no > X 12 

6 = no 

(11) 

where X is the height of the log-polar mapped image. 
We implemented the method described above and tested 

it with a watermarking algorithm similar to Digimarc's 
ImageBridgeTM digital watermarking system. The water 
mark tiles in this algorithm are square (i.e. K-L). The 
exemplary image (600x432) shown in FIG. 2A was water 
marked and then rotated 27 counter-clockwise and scaled 
by a factor of 0.91 using Matlab. The resulting image is 
shown in FIG. 2B. 

Before computing the autocorrelation function m(m,n), 
the image in FIG. 2B was processed using a non-linear high 
pass filter in order to remove the host image and hence 
improve the signal to noise ratio. The filtered image is shown 
in FIG. 3A. The image in FIG. 3A was then doubled in both 
dimensions by padding it with Zeros, before computing the 
autocorrelation function using the FFT. The Zero padding is 
necessary in order to compute the linear instead of the 
circular correlation. The resulting autocorrelation function is 
shown in FIG. 3B. To improve viewing after printing, all 
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peaks in the figure have been manually exaggerated. The 
implicit template and its weak peaks can be observed in the 
figure. 

FIG. 3C shows a hypothetical autocorrelation function 
representing the image before rotation and Scaling. The 
figure represents nine watermark tiles at the center of the 
image. This minimum number of tiles was chosen in order 
to reduce the effect of the noise from the host image and in 
order to reduce the ambiguity due to the cyclic nature of the 
pattern template in the autocorrelation image. 
When FIG. 3B is compared with FIG. 3C, it can be 

observed that the center portion of the template in FIG. 3B 
is a rotated and scaled version of that in FIG. 3C. The 
rotation angle between the two templates is 27 counter 
clockwise, and the distances between the peaks in FIG. 3B 
are slightly shorter than those in FIG. 3C. 
The log-polar mappings of the images in FIGS. 3B and 3C 

are shown in FIGS. 4A and 4B, respectively. Again, the 
peaks in these figures were exaggerated for the purpose of 
better viewing after printing. The angle coordinate is plotted 
on the horizontal axis, and it was sampled at a rate of one 
sample per degree. The radial coordinate is plotted on the 
vertical axis and it was sampled such that V2x256 samples 
fall in half the maximum of the width and length of the 
image. Hence, the images in the figure are 362x360 pixels. 
Also, in computing the log-polar, we attempted to reduce the 
effect of the autocorrelation of the host image by excluding 
a small area around the origin. As seen in FIG. 3B, this area 
has high energy that decays away from the center. This 
energy is mainly due to the host image and can give no 
information about the tile relative locations. 
By comparing FIGS. 4A and 4B, a horizontal (left) and 

vertical (up) shifts can be observed between the patterns in 
these figures. These shifts are due to Scaling and rotating the 
watermarked image. The vertical and horizontal distances 
between the peaks in the pattern are related to the dimen 
sions (K and L) of the tile. When K is not equal to L, the 
pattern becomes less regular than it is in FIG. 4. The 
log-polar mapping of the autocorrelation function of a 
watermarked image embedded with a 128x100 random 
pattern watermark tile is shown in FIG. 4C. 

The output S(m,n) of the POM filter is shown in FIG.5A, 
which shows several high energy peaks. These peaks are due 
to the cyclic nature of the pattern in FIG. 4, and each of them 
corresponds to one of the 8 nearest neighboring watermark 
tiles. The energy in these peaks is several times that of the 
peaks in FIG. 3B, so they are much easier to detect. 
As it is the case with the other peak finding methods used 

with the autocorrelation technique, the values of the mea 
Sured scale and rotation may have some ambiguity. This 
ambiguity is due to the regularity of the autocorrelation 
peaks, and it is limited to a factor of V2 in the scale and a 
multiple of 45° shift in the rotation angle. Hence, it can be 
resolved by trial and error during the reading stage of the 
watermark. The ambiguity can also be reduced to a 180° 
shift in the rotation angle by using a non-square (KZL) 
watermark tile. In this case, the pattern in the log-polar 
image becomes less regular (see FIG. 4C), and the POM 
filter produces two strong peaks separated by 180° and 
several other weaker peaks. One of the strong peaks is the 
correct peak. FIG. 5B shows this case for a 128x100 random 
pattern watermark tile. 

Finally, the location of the 12 highest peaks in FIG. 5 was 
measured and used in equation (11) to calculate the scale 
factor and orientation angle. The correct Scale and orienta 
tion was observed to correspond to the highest peak. The 
above process was repeated with various combinations of 
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rotations and Scales. The tested rotation angels are 0, t37. 
+65, +90, H135, -161, and the tested scale factors are 0.75, 
0.85, 0.95, 1, 1.05, 1.15, 1.25. For every combination of 
rotation and scale, the highest 12 peaks were detected in the 
log-polar image, and the corresponding rotation angles and 
scale factors were determined. 

In order to compare the accuracy of the proposed method, 
we compared it to the peak finding method suggested in the 
literature: M. Kutter, “Watermarking Resisting to Transla 
tion, Rotation and Scaling.” Proc. of SPIE: Multimedia 
Systems and Applications, vol. 3528, pp. 423–431, Boston, 
November 1998; and Po-Chyi Su and C.-C. Jay Kuo, “An 
Image Watermark Scheme to Resist Generalized Geometri 
cal Transformations.” Proc. of SPIE: Multimedia Systems 
and Applications III, vol. VVO8, Boston, USA, November 
2OOO. 
We also detected the highest 12 peaks close to the image 

center and calculated the corresponding orientations and 
scales. We then used the closest rotation and scale to the true 
rotation and scale in order to calculate the average detection 
error (ADE). Similarly, we calculated the ADE for our 
proposed log-polar method. The ADE is defined by equation 
(12): 

1 (12) 
ADE = XV (Social-Saalected) + (8cial - acced 

The average ADE for our log-polar method was found to be 
0.002479, while for the peak finding method suggested in 
the cited literature, the ADE was 0.176861. This indicates 
that the log-polar method is more accurate than that Sug 
gested in the cited literature. The main cause of the inaccu 
racy in the peak finding method is due to the gradient 
calculation, which is used to boost the energy in the peaks 
before detecting them. This calculation tends to slightly shift 
the locations of the peaks. The accuracy of the log-polar 
method comes at the expense of an increase in computation 
due to the bi-cubic interpolation used in computing the 
log-polar mapping. Also, the log-polar method is applicable 
when the scale is uniform. 

CONCLUDING REMARKS 

Having described and illustrated the principles of the 
technology with reference to specific implementations, it 
will be recognized that the technology can be implemented 
in many other, different, forms. To provide a comprehensive 
disclosure without unduly lengthening the specification, 
applicants incorporate by reference the patents and patent 
applications referenced above. 
The methods, processes, and systems described above 

may be implemented in hardware, software or a combination 
of hardware and software. For example, the auxiliary data 
encoding processes may be implemented in a programmable 
computer or a special purpose digital circuit. Similarly, 
auxiliary data decoding may be implemented in Software, 
firmware, hardware, or combinations of software, firmware 
and hardware. The methods and processes described above 
may be implemented in programs executed from a systems 
memory (a computer readable medium, Such as an elec 
tronic, optical or magnetic storage device). 
The particular combinations of elements and features in 

the above-detailed embodiments are exemplary only; the 
interchanging and Substitution of these teachings with other 
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teachings in this and the incorporated-by-reference patents/ 
applications are also contemplated. 
We claim: 
1. A method of determining distortion of a signal with 

embedded data comprising: 
transforming the signal into a transform domain to pro 

duce peaks due to a repetitive structure of the embed 
ded data in the signal; 

performing a mapping of the transformed signal to con 
vert distortion of the embedded data into a shift; and 

performing a correlation of the mapped signal with a 
signal representing an expected pattern of peaks asso 
ciated with the repetitive structure of the embedded 
data signal, wherein the correlation detects the shift, 
and the shift provides a measure of the distortion of the 
signal. 
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2. The method of claim 1 wherein transforming comprises 

an autocorrelation of the signal. 
3. The method of claim 1 wherein the mapping includes 

a log-polar mapping to convert Scaling and rotation into 
spatial shifts. 

4. The method of claim 1 wherein the correlation is 
computed using a matched filter. 

5. The method of claim 1 wherein the embedded data is 
repeated in the signal as rectangular blocks. 

6. A tangible medium on which is stored instructions for 
performing the method of claim 1. 


