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HIGH SPEED AND EFFICIENT MATRIX 
MULTIPLICATION HARDWARE MODULE 

FIELD OF THE INVENTION 

The present invention relates to matrix multiply hardware 
module or core, and more particularly to the use of a variable 
number of multiplier-accumulators based on the data ele 
ments to be multiplied during stages of a matrix multiplica 
tion operation. 

BACKGROUND OF THE INVENTION 

Matrix multiplication is a necessary computation opera 
tion in many scienti?c and engineering applications. For 
example, navigation and control applications often require 
multiplication of matrices, sometimes very large matrices. 
Researchers have looked for solutions to enhance the perfor 
mance of the matrix multiplication. 

Matrix multiplication requires signi?cant computation 
resources. To multiply tWo N><N matrices, N*N*N multipli 
cation operations and (N —b 1)*N*N addition operations are 
needed. All matrix multiplication solutions depend upon 
either distributed data or distributed operations. HoWever, all 
matrix multiplication solutions heretofore knoWn are based 
on the assumption that there are a ?xed number of available 
multipliers and accumulators. 

Certain applications of matrix multiplication operations 
require highly ef?cient uses of resources in order to produce 
the result quickly using minimal computation and resources 
and consuming as little poWer as possible. Examples of such 
applications are in space vehicles and other equipment that 
carry ?nite poWer supplies. 

SUMMARY OF THE INVENTION 

Brie?y, a matrix multiplication module and matrix multi 
plication method are provided that use a variable number of 
multiplier-accumulator units based on the amount of data 
elements of the matrices are available or needed for process 
ing at a particular point or stage in the computation process. 
As more data elements become available or are needed, more 
multiplier-accumulator units are used to perform the neces 
sary multiplication and addition operations. 

Accordingly, a matrix multiplication hardWare module or 
device is provided comprising a plurality of multiplier-accu 
mulator units each of Which comprises a multiplier circuit 
that multiplies tWo data elements to produce a product value 
and an adder circuit that adds the product value With an 
addend value to produce a result value. The number of mul 
tiplier-accumulator units used When a multiplication compu 
tation is performed on ?rst and second matrices varies 
depending on Which computation stage corresponding to 
Which roW of the ?rst matrix the multiplication computation 
is executing. 

Similarly, a method for multiplying ?rst and second matri 
ces is provided comprising providing a plurality of multiplier 
accumulator units, each of Which is capable of multiplying 
one data element of the ?rst matrix With a data element of the 
second matrix to produce a product value and adding the 
product value With an addend value to produce a result value; 
and using a number of said plurality of multiplier-accumula 
tor units that increases as computation progresses from a ?rst 
roW of the ?rst matrix to remaining roWs of the ?rst matrix. 

BRIEF DESCRIPTION OF THE DRAWINGS 

FIG. 1 is a block diagram of a matrix multiplication hard 
Ware module according to an embodiment of the invention. 

FIG. 2 is a block diagram of a multiplier-accumulator unit 
used in the matrix multiplication hardWare module according 
to embodiments of the present invention. 
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2 
FIG. 3 is a block diagram of a dual port register array 

forming a part of the matrix multiplication hardWare module 
according to an embodiment of the invention. 

FIG. 4 is a diagram illustrating elements of tWo 2><2 matri 
ces to be multiplied by the matrix multiplication module 
according to the invention. 

FIG. 5 illustrates input data How for the multiplication of 
the tWo matrices shoWn in FIG. 4, according to an embodi 
ment of the invention. 

FIG. 6 illustrates operation of a ?rst multiplier-accumula 
tor unit in the matrix multiplication example shoWn in FIGS. 
4 and 5. 

FIG. 7A is a diagram illustrating computations made by the 
?rst multiplier-accumulator during a ?rst clock cycle 
depicted in FIG. 6. 

FIG. 7B is a diagram illustrating computations made by the 
?rst multiplier-accumulator during a second clock cycle 
depicted in FIG. 6. 

FIG. 8 illustrates operation of three multiplier-accumulator 
units in the matrix multiplication example shoWn in FIGS. 4 
and 5. 

FIGS. 9A and 9B illustrate operation of a ?rst multiplier 
accumulator unit during successively clock cycles in the 
matrix multiplication example shoWn in FIGS. 4 and 5. 

FIGS. 10A and 10B illustrate operation of a second multi 
plier-accumulator unit during successively clock cycles in the 
matrix multiplication example shoWn in FIGS. 4 and 5. 

FIGS. 11A and 11B illustrate operation of a third multi 
plier-accumulator unit during successively clock cycles in the 
matrix multiplication example shoWn in FIGS. 4 and 5. 

FIG. 12 illustrates an example of tWo 4><4 matrices to be 
multiplied by the matrix multiplication module according to 
an embodiment of the invention. 

FIG. 13A illustrates operation of a ?rst multiplier-accumu 
lator unit during a ?rst computation stage of the matrix mul 
tiplication example shoWn in FIG. 12. 

FIG. 13B illustrates operation of three multiplier-accumu 
lator units during a second computation stage of the matrix 
multiplication example shoWn in FIG. 12. 

FIG. 13C illustrates operation of ?ve multiplier-accumu 
lator units during a third computation stage of the matrix 
multiplication example shoWn in FIG. 12. 

FIG. 13D illustrates operation of seven multiplier-accumu 
lator units during a fourth computation stage of the matrix 
multiplication example shoWn in FIG. 12. 

DETAILED DESCRIPTION 

According to the present invention, a matrix multiplication 
hardWare module (also called a “core”) is provided that uses 
a variable number of multiplier-accumulator (MAC) units 
based on the number of data elements available for process 
ing. The number of MAC units used during a multiplication of 
tWo matrices varies over time depending on the stage of the 
computation of the matrices. In one embodiment, the number 
of MAC units increases over time during a computation of 
tWo matrices. 

The total (maximum) number of used MAC units is based 
on the siZe of the matrices to be multiplied. For speci?c siZes 
of the matrices, the number of used MAC units increases 
according to the availability of data during a computation 
session of tWo matrices. For example, When reading the ?rst 
element from each matrix, only one MAC unit is needed to 
perform the multiply/add operation. The more data that is 
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read as the computation progresses through the matrices, the 
more MAC units are used to perform multiply/add opera 
tions. Thus, in one embodiment, the matrix multiplication 
module has a dynamically increasing number of MAC units. 

Referring ?rst to FIG. 1, the matrix multiplication hard 
Ware module is shoWn at reference numeral 10. The matrix 
multiplication hardWare module 10 comprises a plurality of 
MAC units 20(1) to 20(N) and an array of dual port registers 
30, referred to hereinafter as register array (RA) 30. There are 
?rst and second memory banks 40 and 50 and ?rst and second 
buses 60 and 70 that supply data to and from the module 10. 
Each memory bank 40 and 50 is dedicated to one of the tWo 
input matrices to be multiplied. The separate data buses 60 
and 70 can be read simultaneously by the module 10. With 
this architecture, it is possible to read one data element from 
each input matrix at the same time. The output result can be 
saved in either memory bank. Memory bank 40 is connected 
to bus 60 and memory bank 50 is connected to bus 70. The 
module 10 comprises ?rst and second input ports (ln0 and 
ln1) 80 and 90, respectively, and an output port (Out) 95. Bus 
60 connects to the ?rst input port 80 and the bus 70 connects 
to the second input port 90. The output port 95 of the matrix 
multiply module can be connected to either bus 60 or 70. 

The box shoWn at reference numeral 100 in FIG. 1 is 
provided to indicate that the components Within the box 100 
may be implemented in any programmable or ?xed logic 
technology, such as a ?eld programmable gate array (FPGA), 
application speci?c integrated circuit (ASIC), recon?gurable 
?xed logic circuits, programmable computing fabrics, etc. 
The data elements for the ?rst and second matrices to be 
multiplied are received from the requesting device or soft 
Ware by con?guration registers 110. The con?guration regis 
ters 110 con?gure the matrix multiplication module 10 
according to the dimensions of the ?rst and second matrices. 

Turning to FIG. 2, the ports of a MAC unit 20(1') are 
described. The MAC unit 20(1') comprises a multiplier circuit 
22 and an adder circuit 24. An output 25 of the multiplier 
circuit is connected to one input of the adder circuit. A sum 
mation (SUMM) port 28 is connected to another input of the 
adder circuit 24. As described hereinafter, the SUMM port 28 
receives an addend value from the result value generated by 
the adder circuit 24 and supplied to output 25 that Was com 
puted at a prior computation cycle. There are tWo input ports 
(P0 and P1) 26 and 27, respectively, that supply the tWo data 
elements to the MAC unit 20(1') to be multiplied. The input 
port 26 is connected to the ?rst input 80 that in turn connects 
to the ?rst bus 60 from Which data elements of the ?rst matrix 
are obtained. Similarly, the input port 27 is connected to the 
second input 90 that in turn connects to the second bus 70 
from Which data elements of the second matrix are obtained. 
Thus, When tWo matrices are being multiplied, each MAC 
unit receives a data element of a ?rst matrix and a data 
element of a second matrix. The SUMM port 28 is the third 
input port and in operation it receives data from another MAC 
unit. The output port 29 of the MAC unit 20(1') contains the 
result (RES) data that is the sum of the data on the SUMM port 
and the data on the output 25 of the multiplier 22. 

Reference is noW made to FIG. 3 Where the register array 
(RA) 30 is shoWn in more detail. The RA 30 is a type of 
register array block that comprises an array (plurality) of 
registers that can be Written to via one port and read from via 
another port. The RA 30 comprises “N” registers 32(0) to 
32(N-1) addressed as “Register #0” to “Register #N-l”. 
Each register cell comprises a number of bits equal to the 
number of bits needed to represent the data elements of the 
matrices to be multiplied. 
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4 
A register pointer (Register_Ptr) 33 is used to point to a 

particular register in the array to be read from or Written to. 
Input data bus (Data_ln) 34 is a bus used to Write to any of the 
registers in the register array. Output data bus (Data_Out) 35 
is a bus used to read from any of the registers in the register 
array. A Write input signal (Write) 36 is used to signal the 
Write operation of the input data to any of the registers in the 
register array. A read input signal (Read) 37 is used to signal 
the read operation of the output data from any of the registers 
in the register array. 

Thus, the RA 30 is a storage unit comprising a plurality of 
storage locations, each of Which stores data elements from 
roWs of the ?rst matrix and from columns of the second 
matrix supplied to MAC units during one computation stage 
for use in a subsequent computation stage (actually in several 
subsequent computation stages). Any array of dual port stor 
age locations may be used to serve the function of the RA 30, 
such as dual port block RAM, or dual port memory chips. 
As indicated above, the number of used MAC units 

depends on the siZe of the matrices to be multiplied. TWo 
simple examples are provided to illustrate operation of the 
matrix multiplication module 10. The entire multiplication 
operation is performed While reading data from the tWo matri 
ces to be multiplied. By the time all operand data is read, the 
product (result of multiplication of the tWo matrices) is ready. 
This assumes that there are tWo independent memory banks 
(as shoWn in FIG. 1) With each input matrix stored in a 
corresponding memory bank so that tWo elements, one from 
each matrix stored in the corresponding memory bank, can be 
read at the same time. Moreover, the number of computation 
stages associated With multiplying tWo matrices depends on, 
and is in fact, equal to the number of roWs in the ?rst matrix. 

For example, data for a ?rst matrix “m1” is stored in 
memory bank 40 and data for a second matrix “m2” is stored 
in memory bank 50. The result of the multiplication of matrix 
m1><m2 is stored in matrix “m3” in memory bank 40. Data 
from matrix m1 is read one element at a time through input 
port 80. Data from matrix m2 is read one element at a time 
through input port 90. The matrix multiplication module 10 
performs the matrix multiplication process While reading data 
from the tWo memory banks 40 and 50. By the time the matrix 
multiplication module ?nishes reading data elements of the 
tWo input matrices m1 and m2, the output result is ready at the 
output port 95 to be stored in memory bank 40 as matrix m3. 

There are no restrictions regarding the bus Width. The only 
limitation is the resources available on the logic technology 
selected to implement the module 10. 

Operation of the matrix multiplication module 10 is noW 
described in more detail With reference to FIGS. 4-7. As 
shoWn in FIG. 4, in this example, each matrix in the compu 
tation matrix A and matrix B is a 2x2 matrix. The resultant 
matrix from the computation A><B is stored as matrix C. 
The elements of the result matrix should be: 

In the matrix multiplication module 10, the tWo input 
matrices are stored in memory so that the ?rst matrix of the 
tWo to be multiplied (that is, the matrix on the left side, matrix 
A in this example) is stored “roW-Wise” in memory bank 40, 
and the second matrix (matrix B in this example) is stored 
“column-Wise” in memory bank 50. As shoWn in FIG. 5, this 
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means the data elements of the ?rst matrix (matrix A) will be 
read out from memory sequentially in the following order: 

The data elements of the second matrix (matrix B) will be 
read out from memory sequentially in the following order: 

More speci?cally, as shown in FIG. 5, the input data ?ow 
for a 2x2 matrix multiplication operation is as follows. At the 
?rst clock cycle, data elements A1 and B1 will be at the inputs 
input ports 80 and 90, respectively. At the next clock cycle, 
data elements A2 and B2 will be at the inputs 80 and 90, 
respectively. At the next clock cycle, data elements A3 and B3 
will be at the inputs 80 and 90, respectively. At the last clock 
cycle, data elementsA4 and B4 will be at the inputs 80 and 90, 
respectively. 

In the case of 2x2 matrix multiplication, the computation is 
divided into two computation stages for matrix A. During a 
?rst computation stage when the ?rst row of matrixA is being 
read, the matrix multiplication module 10 uses a single MAC 
unit only. During a second computation stage when the sec 
ond row of matrix A is being read, the matrix multiplication 
module uses three MAC units. 

Reference is now made to FIGS. 6, 7A, 7B, 8, 9A, 9B, 10A, 
10B, 11A and 11B for a more detailed explanation of the 
operation of the matrix multiplication module on a per-clock 
cycle basis. FIGS. 6, 7A and 7B illustrate operation during the 
?rst and second clock cycles when a single MAC unit is used. 
In this example, the ?rst and second clock cycles using a 
single MAC unit is the ?rst computation stage. FIGS. 8, 9A, 
9B, 10A, 10B, 11A and 11B illustrate operation during the 
third and fourth clock cycles (that make up the second com 
putation stage) when three MAC units are used. Thus, a 
maximum of three MAC units are used at any one time when 
multiplying two 2><2 matrices and the entire matrix multipli 
cation computation lasts a time interval of four clock cycles 
and there are two computation stages, each of which com 
prises two clock cycles. 

During the ?rst two clock cycles, data is applied to the 
inputs of the ?rst MAC unit 20(1). Speci?cally, as shown in 
FIG. 7A with continued reference to FIG. 6, during the ?rst 
clock cycle, the data elements A1 and B1 are read from 
memory (memory banks 40 and 50, respectively, as shown in 
FIG. 1) and applied to input ports 26 and 27, respectively, of 
a ?rst MAC unit 20(1). At the same time, data elements A1 
and B1 are applied to respective storage locations of the RA 
30 in order to produce the delayed versions Alq and Blq of 
input data elements A1 and B1, respectively, for use during 
the second computation stage. 
As shown in FIG. 7B with continued reference to FIG. 6, 

during the second clock cycle, data elements A2 and B2 are 
read from memory and applied to input ports 26 and 27, 
respectively, of the MAC unit 20(1) and at the same time to 
respective storage locations of the RA 30 to produce delayed 
versions of data elements A2q and B2q, respectively, for use 
during the second computation stage. During the second 
clock cycle, the input at the SUMM port 28 is taken as the 
result from the multiplication result A1*B1 at the end of the 
?rst clock cycle. Thus, the output at port 29 at the end of the 
?rst clock cycle is looped back to the SUMM input port 28 to 
be ready for the computation to take place during the second 
clock cycle. The data elements A2 and B2 are supplied to 
input ports 26 and 27, respectively, so that the multiplier 
circuit in the MAC unit 20(1) computes A2*B2 and the adder 
circuit in the MAC unit 20(1) adds that result to A1*B1 at the 
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6 
SUMM input port 28. The ?nal result A1*B1+A2*B2 is 
provided at the output port 29. 

Thus, the output of the ?rst MAC unit 20(1) after the 
second clock signal is the C1 data element of the result matrix 
C. It should be understood that AlIAlq, A2:A2q, BlIBlq 
and B2:B2q. 

Turning to FIGS. 8, 9A, 9B, 10A, 10B, 11A and 11B, 
operation during the second computation stage comprising 
the third and fourth clock cycles is described. Two more MAC 
units 20(2) and 20(3) are used during the third and fourth 
clock cycles. FIGS. 9A, 10A and 11A illustrate operation of 
the three MAC units 20(1), 20(2) and 20(3) during the third 
clock cycle, and FIGS. 9B, 10B and 11B illustrate operation 
of the three MAC units 20(1), 20(2) and 20(3) during the 
fourth clock cycle. Data elements A3 and B3 are read from 
memory and applied to inputs 26 and 27, respectively, of the 
?rst MAC unit 20(1), as shown at FIGS. 8 and 9A. As shown 
in FIGS. 8 and 10A, Data element Alq is read from the RA 30 
and applied to input 26 of the second MAC unit 20(2) and data 
element B3 is read from memory and applied to the input 27 
of MAC unit 20(2). Finally, during the third clock cycle, data 
element A3 is read from memory and applied to input 26 of 
the third MAC unit 20(3) and data element Blq is read from 
the RA 30 and applied to input 27 of the third MAC unit 20(3), 
as shown in FIGS. 8 and 11A. Thus, during the third clock 
cycle, MAC unit 20(1) computes A3 *B3, MAC unit 20(2) 
computes A1q*B3, and MAC unit 20(3) computes A3*B1q. 

With reference to FIGS. 8 and 9B, during the fourth clock 
cycle, data elements A4 and B4 are read from memory and 
applied to inputs 26 and 27, respectively, of MAC unit 20(1). 
In addition, the result A3 *B3 computed by MAC unit 20(1) 
during the third clock cycle is looped back at the beginning of 
the fourth clock cycle to the SUMM input port of MAC unit 
20(1). Thus, during the fourth clock cycle, MAC unit 20(1) 
computes A4 *B4 and adds that to A3 *B3. The result output of 
MAC unit 20(1) at the end of the fourth clock cycle corre 
sponds to the data element C4 of the result matrix C. 
With reference to FIGS. 8 and 10B, during the fourth clock 

cycle, data element A2q is read from the DPR 30 and applied 
to input 26 of MAC unit 20(2) and data element B4 is applied 
to input 27 of MAC unit 20(2). The result A1*B3 computed 
by MAC unit 20(2) during the third clock cycle is looped back 
at the beginning of the fourth clock cycle to the SUMM input 
port of MAC unit 20(2). Thus, during the fourth clock cycle 
MAC unit 20(2) computes A2*B4 and adds that value to 
A1*B3, and in so doing, outputs at its result output the data 
element C2 of the result matrix C. 

Finally, with reference to FIGS. 8 and 11B, during the 
fourth clock cycle, data element A3 is applied to input 26 of 
the third MAC unit 20(3) and data element B2q is read from 
the RA 30 and applied to the input 27 of MAC unit 20(3). The 
result A3*B1 computed by MAC unit 20(3) during the third 
clock cycle is looped back at the beginning of the fourth clock 
cycle to the SUMM input port of MAC unit 20(3). Conse 
quently, during the fourth clock cycle, MAC unit 20(3) com 
putes A4*B2 and adds the result with A3 *B1 to produce at its 
output the data element C3 for the result matrix C. 

Noteworthy from FIGS. 6, 7A and 7B is that the same 
MAC unit, MAC unit 20(1), is used when reading data ele 
ments for the two rows of matrix A. Therefore, MAC 20(1) is 
used for four clock cycles, MAC 20(2) is used for two clock 
cycles, and MAC 20(3) is used for two clock cycles. The 
SUMM input port to each MAC unit is reset to Zero at the 
beginning of each computation stage (corresponding to a new 
row of data elements) read from the ?rst matrix, matrix A. 
The same concept is applied to the example of multiplying 

two 4><4 matrices. FIG. 12 illustrates two 4><4 matrices. FIGS. 
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13A, 13B, 13C and 13D show the details of the multiplication 
operations for multiplying matrices A and B shoWn in FIG. 
12. The operation takes 16 clock cycles and uses no more than 
seven MAC units. FIG. 13A is the ?rst computation stage, 
FIG. 13B is the second computation stage, FIG. 13C is the 
third computation stage and FIG. 13D is the fourth computa 
tion stage. Each of the computation stages shoWn in FIGS. 
13A-13D lasts four clock cycles as indicated by the stack of 
four data elements about each MAC unit. 

During the operation, one MAC unit is used When reading 
the ?rst roW of matrix A as shoWn in FIG. 13A. TWo additional 
MAC units are used When reading the second roW of matrix A, 
making a total of three MAC units, as shoWn in FIG. 13B. 
FIG. 13C shoWs that tWo more MAC units are used When 
reading from the third roW of matrix A, making for a total of 
?ve MAC units. Finally, When reading from the fourth roW of 
matrix A, a total of seven MAC units are used as shoWn in 
FIG. 13D. It should be understood from the 2x2 matrix mul 
tiplication example described above that each MAC unit 
shoWn in the 4x4 matrix multiplication example of FIGS. 12 
and 13A-13D performs the “loop back” operation from its 
output to its SUMM input even though this is not shoWn in 
FIGS. 13A-13D. For example, during the ?rst computation 
stage, at the second clock cycle, MAC unit 20(1) adds A1 *B1 
computed during the ?rst clock cycle and looped back to the 
SUMM input of MAC unit 20(1) (though not shoWn in FIG. 
13A), to A2*B2 computed during the second clock cycle. 
Further, the summation A1 *B1+A2*B2 is looped back to the 
SUMM input of the MAC unit 20(1) such that during the third 
clock cycle, MAC unit 20(1) computes A3*B3 and adds that 
product value to A1*B1+A2*B2. Finally, during the fourth 
clock cycle of the ?rst computation stage shoWn in FIG. 13A, 
the MAC unit 20(1) computes A4*B4 and adds that product 
value to A1*B1+A2*B2+A3 *B3 looped back to the SUMM 
input of MAC unit 20(1) at the end of the third clock cycle. 
Thus, the ?rst element, C1, of the resulting matrix C for 
multiplication of the matrices shoWn in FIG. 12, is computed 
by MAC unit 20(1) in four clock cycles. A similar loop back 
summation function is performed by each of the MAC units in 
the second, third and fourth computation stages represented 
by FIGS. 13B, 13C and 13D, respectively. In addition, data 
elements for the A and B matrices that are read from memory 
and supplied to a MAC unit during one computation stage are 
Written to the RA for use during sub sequent computation 
stages in much the same Way as described above in the 2x2 
matrix computation example. 

During a ?rst computation corresponding to a ?rst roW of 
the ?rst matrix, a single MAC unit is used to multiply data 
elements of the ?rst roW of the ?rst matrix With data elements 
of a ?rst column of the second matrix. It should be understood 
that the ?rst roW of a matrix need not be the top roW of the 
matrix and the ?rst column of a matrix need not be the left 
most roW of a matrix. In general, the total (maximum) number 
of MAC units depends on the total number of roWs of the left 
side matrix. To multiply an N><M matrix by an M><N matrix, 
the total (maximum) number of used MAC units is “2*N-1”. 
The number of MAC units used starts With one (1) during the 
?rst computation stage (?rst roW of left matrix), and increases 
by tWo units at each subsequent computation stage (each 
subsequent roW of the left matrix). The sequence of the num 
ber ofMAC units is {1, 3, 5, . . . , 2*N-1} for the computation 
stages, Where, again, each computation stage corresponds to 
reading of data elements for each neW roW of the left side 
matrix, also called the ?rst matrix. The matrix multiplication 
module 10 operates such that during the jth computation stage 
corresponding to the jth roW of the ?rst matrix, the number of 
multiplier-accumulator units used is limited to the amount 
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8 
necessary in order to (i) multiply data elements for the jth roW 
of the ?rst matrix by data elements for the jth column and by 
data elements for all preceding columns of the second matrix 
and (ii) to multiply data elements for all roWs of the ?rst 
matrix preceding the jth roW by data elements for the jth 
column of the second matrix. Moreover, during the jth com 
putation stage, data elements for the jth roW of the ?rst matrix 
and for all preceding roWs are stored in respective storage 
locations of the storage unit for use in computation stages 
after the jth computation stage. Further still, during each 
computation stage, each MAC unit that is used is operated for 
a plurality of clock cycles equal in number to a number of 
roWs of the ?rst matrix. The adder circuit in each MAC unit 
adds the product value computed by the multiplier circuit at 
the current clock cycle With the result value computed by the 
adder circuit at a previous clock cycle for that computation 
stage. If it is the beginning (?rst clock cycle) of a computation 
stage, then the SUMM input to each MAC unit is reset to 0. 
The matrix multiplication module 10 is scalable and can be 

adapted for use on larger matrices. For example, the module 
10 may be used to multiply 16><16 or 32><32 matrices if the 
module 10 is implemented in a relatively large FPGA. The 
matrix multiplication module 10 Was built With a Xilinx 
Vertix2 FPGA (in a 3 million-gate FPGA chip form factor). 
For a multiplication of tWo 8x8 matrices, peak performance 
of 16 ?oating point operations per clock cycle Was achieved. 
Running the FPGA at 100 MHZ a peak performance of 1.6 
giga-?oating point operations per second (GFLOPS/ sec) can 
be obtained. Thus, multiplying 16><16 or 32><32 matrices can 
be performed With a peak performance of 32 and 64 
GFLOPS/ sec, respectively, at a speed of 100 MHZ. In general, 
the performance is equal to 2*N ?oating point operations per 
clock, Where N is the number of roWs of the ?rst (left hand 
side) matrix regardless on the number of its columns. 
The matrix multiplication examples described herein 

involve square matrices. HoWever, the same concept can be 
applied for non-square matrices. The performance is based on 
the number of roWs of the left hand matrix. Therefore, the 
same concept can be applied to left hand matrices With num 
ber ofroWs equals 16 or 32 to give performance of3.2 or 6.4 
GFLOPS/ sec respectively running at 100 MHZ clock. Perfor 
mance increases With the use of faster clock frequencies. 
The matrix multiplication module described above may be 

used to multiply non-square matrices. Multiplying a 4><N 
matrix and an N><4 matrix is similar to the example of multi 
plying tWo 4><4 matrices. The only difference is that N clock 
cycles are needed to read the roWs of the ?rst (left hand side) 
matrix. Nevertheless, the performance is the same as that 
described above: 8 ?oating point operations per clock cycle if 
the ?rst matrix has 4 roWs, and 16 ?oating point operations 
per clock cycle if the ?rst matrix has 8 roWs. 

In the case of very large matrices, the resources of an FPGA 
chip may not be enough to process the multiplication process 
in one block. In this case, the matrices may be partitioned into 
smaller blocks such that each block can ?t Within the 
resources of the FPGA. The matrix multiplication operation 
is performed on a block-by-blockbasis, and then the results of 
the multiplication of the individual blocks are combined to 
form the resultant matrix. 

HoWever, the matrix multiplication module 10 may be 
employed to multiply tWo matrices using a variety of data 
types, such as 32-bit single precision ?oating point data and 
64-bit double precision ?oating point data. Moreover, the 
module 10 may operate using 32-bit or 64-bit integer or ?xed 
?oating point data based on the Width of the used memory 
banks. Further still, any non-standard data type may be used. 
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The register array of the RA 30 needs to be deep enough to 
store at least tWo roWs of data elements (one roW from each 
input matrix) When buffering data elements for use during 
subsequent clock cycles as explained in the foregoing. Oth 
erWise, the siZe of the register array is left to the designer. 

The system and methods described herein may be embod 
ied in other speci?c forms Without departing from the spirit or 
essential characteristics thereof. The foregoing embodiments 
are therefore to be considered in all respects illustrative and 
not meant to be limiting. 
What is claimed is: 
1. A matrix multiplication device for computing a multi 

plication of a ?rst matrix With a second matrix, comprising: 
a ?rst memory for storing data elements of the ?rst matrix 

and a second memory for storing data elements of the 
second matrix; 

a plurality of multiplier-accumulator units each of Which 
comprises a multiplier circuit con?gured to multiply tWo 
data elements to produce a product value and an adder 
circuit con?gured to add the product value With an 
addend value to produce a result value; and 

a storage unit comprising a plurality of storage locations; 
Wherein the plurality of multiplier-accumulator units are 

con?gured to perform the multiplication of the ?rst 
matrix With the second matrix in N computation stages, 
Where N is the number of roWs of the ?rst matrix and N 
is greater than 1, and for each integer j from 1 to N, to 
read data elements of the jth roW of the ?rst matrix from 
the ?rst memory and data elements of the jth column of 
the second matrix from the second memory during a jth 
computation stage, and to use 2j-1 of the plurality of 
multiplier-accumulator units during the jth computation 
stage to multiply data elements of the jth roW of the ?rst 
matrix by data elements of the jth column of the second 
matrix and by data elements of each column of the 
second matrix preceding the jth column and to multiply 
data elements of each roW of the ?rst matrix preceding 
the jth roW by data elements of the jth column of the 
second matrix; 

Wherein the storage unit is con?gured to store data ele 
ments of the ?rst and second matrices that are applied to 
a multiplier-accumulator unit during a computation 
stage for use in a subsequent computation stage. 

2. The device of claim 1, and further comprising a ?rst 
input port and a second input port, a ?rst bus that couples data 
betWeen the ?rst memory and the ?rst input port and a second 
bus that couples data betWeen the second memory and the 
second input port. 

3. The device of claim 2, Wherein each multiplier-accumu 
lator unit comprises a ?rst input that receives a data element 
of the ?rst matrix and a second input that receives a data 
element of the second matrix. 

4. The device of claim 3, during the jth computation stage 
corresponding to the jth roW of the ?rst matrix, the number of 
multiplier-accumulator units is used to multiply data ele 
ments for the jth roW of the ?rst matrix by data elements for 
the jth column of the second matrix and all preceding columns 
of the second matrix, and to multiply data elements for all 
roWs of the ?rst matrix preceding the jth roW by data elements 
for the jth column of the second matrix. 

5. The device of claim 4, Wherein during the jth computa 
tion stage, data elements for the jth roW of the ?rst matrix and 
for all preceding roWs are stored in respective storage loca 
tions of the storage unit for use in computation stages after the 
jth computation stage. 

6. The device of claim 4, Wherein during each computation 
stage, each multiplier-accumulator unit that is used is oper 
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10 
ated for a plurality of clock cycles equal in number to a 
number of roWs of the ?rst matrix. 

7. The device of claim 6, Wherein the adder circuit in each 
multiplier-accumulator unit adds the product value computed 
by the multiplier circuit at a current clock cycle With the result 
value computed by the adder circuit at a previous clock cycle 
for that computation stage. 

8. The device of claim 3, Wherein during a ?rst computa 
tion stage corresponding to a ?rst roW of the ?rst matrix, a 
single multiplier-accumulator unit is used to multiply data 
elements of the ?rst roW of the ?rst matrix With data elements 
of the ?rst column of the second matrix. 

9. The device of claim 1, Wherein When multiplying a ?rst 
matrix comprising N><M data elements by a second matrix 
comprising M><N data elements, the number of multiplier 
accumulator units used during a sequence of computation 
stages is {1, 3, 5 . . . 2*N-1}, for the jth computation stage 
fromj :1 to N—1. 

10. A matrix multiplication hardWare core device that mul 
tiplies ?rst and second matrices, comprising: 

a ?rst memory for storing data elements of a ?rst matrix 
and a second memory for storing data elements of a 
second matrix; 

a plurality of multiplier-accumulator units each of Which is 
con?gured to multiply a ?rst data element from the ?rst 
matrix With a second data element from the second 
matrix to produce a product value and to add the product 
value With an addend value to produce a result value; and 

a storage unit comprising a plurality of registers that store 
data elements for one or more roWs of the ?rst matrix and 
for one or more columns of the second matrix for sub 
sequent supply as input to a multiplier-accumulator unit; 
and 

Wherein the plurality of multiplier-accumulator units are 
con?gured to perform the multiplication of the ?rst 
matrix With the second matrix in N computation stages, 
Where N is the number of roWs of the ?rst matrix and N 
is greater than 1, and for each integer j from 1 to N, to 
read data elements of the jth roW of the ?rst matrix from 
the ?rst memory and data elements of the jth column of 
the second matrix from the second memory during a jth 
computation stage, and to use 2j-1 of the plurality of 
multiplier-accumulator units during the jth computation 
stage to multiply data elements of the jth roW of the ?rst 
matrix by data elements of the jth column of the second 
matrix and by data elements of each column of the 
second matrix preceding the jth column and to multiply 
data elements of each roW of the ?rst matrix preceding 
the jth roW by data elements of the jth column of the 
second matrix; 

Wherein the storage unit is con?gured to store data ele 
ments of the ?rst and second matrices that are applied to 
a multiplier-accumulator unit during a computation 
stage for use in a subsequent computation stage. 

11. The device of claim 10, during the jth computation 
stage corresponding to a jth roW of the ?rst matrix, the number 
of multiplier-accumulator units is used to multiply data ele 
ments for the jth roW of the ?rst matrix by data elements for 
the jth column of the second matrix and all preceding columns 
of the second matrix, and to multiply data elements for all 
roWs of the ?rst matrix preceding the jth roW by data elements 
for the jth column of the second matrix. 

12. The device of claim 11, Wherein during the jth compu 
tation stage, data elements for the jth roW of the ?rst matrix 
and for all preceding roWs are stored in respective storage 
locations of the storage unit for use in computation stages 
after the jth computation stage. 
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13. The device of claim 11, wherein during each compu 
tation stage, each multiplier-accumulator unit that is used is 
operated for a plurality of clock cycles equal in number to a 
number of roWs of the ?rst matrix. 

14. The device of claim 13, Wherein each multiplier-accu 
mulator circuit comprises an adder circuit that adds the prod 
uct value computed by the multiplier circuit at a current clock 
cycle With the result value computed by the adder circuit at a 
previous clock cycle for that computation stage. 

15. The device of claim 10, Wherein When the ?rst matrix 
comprises N><M data elements and the second matrix com 
prises M><N data elements, the number of multiplier-accumu 
lator units used during a sequence of computation stages is {1, 
3, 5 . . . 2*N-1}, for the jth computation stage from j :1 to 
N- 1 . 

16. A method for multiplying ?rst and second matrices, 
comprising: 

storing data elements of a ?rst matrix in a ?rst memory and 
storing data elements of a second matrix in a second 
memory; 

providing a plurality of multiplier-accumulator units to 
multiply one data element of the ?rst matrix With a data 
element of the second matrix to produce a product value 
and to add the product value With an addend value to 
produce a result value; 

performing the multiplication of the ?rst matrix With the 
second matrix in N computation stages Where N is the 
number of roWs of the ?rst matrix and N is greater than 
1; 

Wherein for each integer j from 1 to N, reading data ele 
ments of the jth roW of the ?rst matrix from the ?rst 
memory and data elements of the jth column of the 
second matrix from the second memory during a jth 
computation stage; 

using 2j-1 of the plurality of multiplier-accumulator units 
during the jth computation stage, multiplying data ele 
ments of the jth roW of the ?rst matrix by data elements 
of the jth column of the second matrix and by data 
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elements of each column of the second matrix preceding 
the jth column, and multiplying data elements of each 
roW of the ?rst matrix preceding the jth roW by data 
elements of the jth column of the second matrix; and 

storing in a storage unit data elements of the ?rst and 
second matrices that are applied to a multiplier-accumu 
lator unit during a computation stage for use in a subse 
quent computation stage. 

17. The method of claim 16, further comprising during the 
jth computation stage corresponding to a jth roW of the ?rst 
matrix, using a number of multiplier-accumulator units to 
multiply data elements for the jth roW of the ?rst matrix by 
data elements for the jth column of the second matrix and all 
preceding columns of the second matrix, and to multiply data 
elements for all roWs of the ?rst matrix preceding the jth roW 
by data elements for the jth column of the second matrix. 

18. The method of claim 17, and further comprising, during 
the jth computation stage, storing data elements for the jth 
roW of the ?rst matrix and for all preceding roWs in respective 
storage locations of the storage unit for use in computation 
stages after the jth computation stage. 

19. The method of claim 17, and further comprising during 
each computation stage, operating each multiplier-accumu 
lator unit for a plurality of clock cycles equal in number to the 
number of roWs of the ?rst matrix. 

20. The method of claim 19, and further comprising adding 
a product value computed by a multiplier-accumulator unit at 
a current clock cycle With the result value computed by the 
result computed by the multiplier-accumulator unit at the 
previous clock cycle. 

21. The method of claim 16, Wherein When the ?rst matrix 
comprises N><M data elements and the second matrix com 
prises M><N data elements, using comprises using the number 
of multiplier-accumulator units during a sequence of compu 
tation stages according to a sequence {1, 3, 5 . . . 2*N-1}, for 
the jth computation stage from j :1 to N—1. 

* * * * * 


