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Fig. 12—‘-F/uid efficiency behaviors: 
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METHODS FOR DESIGN AND ANALYSIS OF 
SUBTERRANEAN FRACI‘URES USING NET 

PRESSURES ' 

BACKGROUND OF THE INVENTION 

Normal hydraulic fracturing treatment design calcu 
lations combine fracture mechanics, ?uid mechanics, 
and a volume balance to'predict fracture growth with 
time. Fracture mechanics relates fracture width to pres 
sure and fracture length, height, or radius; ?uid me 
chanics relates pressure to injection rate, width, and 
length or radius; and the volume balance relates the 
fracture volume to injection and ?uid-loss rates. 

Shlypaborsky, et al. in Society of Petroleum Engi 
neers (SPE) Paper Nos. 18194 and 18195 noted that 
pressures obtained during fracturing treatments do not 
always agree with pressures predicted by fracture de 
sign models. Shlypaborsky listed five factors that have 
the potential for causing this disagreement: (1) high 
perforation friction pressure, (2) high friction pressure 
in the fracture, (3) the generation of multiple parallel 
fractures, (4) higher actual fracture toughness values 
than measured in the lab, and (5) a non-penetrating 
region near the fracture tip. To isolate the cause of the 
disagreement, Shlypaborsky et al. measured overpres 
sure, which is the difference between downhole instan 
taneous shut-in pressure and the least principle stress, 
and thus eliminated the three friction-related effects 
from consideration. The overpressure, the result of one 
or both of the remaining two factors, was then used to 
determine an apparent fracture toughness. The apparent 
fracture toughness was subsequently used in a geometry 
model that considered fracture toughness in its solution 
to the fracture mechanics portion of the problem. 
The methods of the present invention overcome 

many of the deficiencies in prior methods for determin 
ing fracture geometry. The new methods are further 
described in CIM/SPE paper 90-42 which is incorpo 
rated by reference. 
To compensate for all four of the factors that may 

occur within the fracture and to provide more ?exibil 
ity, methods in accordance with the present invention 
were developed that substitute net pressure for ?uid 
mechanics determinations. The term “net pressure” as 
used herein refers to the difference between bottomhole 
treating pressure and least principle stress. By substitut 
ing (1) a given net (excess) pressure value, (2) a correla 
tion between net pressure and time, or (3) a set of net 
pressure values for the net pressures determined 
through fluid mechanics relationships, methods that can 
determine fracture geometry for use in fracturing treat 
ment design, monitoring, and analysis have been devel 
oped. The methods of the present invention allow cal 
culations to be made for fracture design models which 
are well known to those skilled in the art, such as radial 
(penny-shaped) fracture geometry and geometries 
based on Khristianovic~Zheltov and Perkins and Kern 
width equations for constant height fractures. By con 
sidering the variation of injection rate and pressure with 
time, the method can also be used to calculate fracture 
behavior during shut-in and ?owback as well as during 
injection. ‘ 

The methods of the present invention also take into 
account situations such as multiple parallel fractures, 
faults, and natural fractures. In addition, by considering 
?uid mechanics, the limits set on the exponent relating 
pressure to time are expanded to radial models and 

45 
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65 

2 
models using the Khristianovic-Zheltov width equation 
as well as models using the Perkins and Kern width 
equation. 
BRIEF DESCRIPTION OF THE DRAWINGS 

FIG. 1 illustrates net pressure behavior for normal 
growth, arrested growth and proppant packing. 
FIG. 2 illustrates not pressure behavior for arrested 

growth in one wing of the fracture. 
FIG. 3 illustrates net pressure behavior in the pres 

ence of natural or secondary fractures. 
FIG. 4 illustrates fracture length growth comparison 

for KZ geometry. ' 
FIG. 5 illustrates fracture width growth comparison 

for KZ geometry. 
FIG. 6 illustrates fracture length growth comparison 

for Perkins and Kern geometry. 
FIG. 7 illustrates fracture width growth comparison 

for Perkins and Kern geometry. 
FIG. 8 illustrates net fracturing pressure pro?le for 

the monitoring/analysis embodiment. 
FIG. 9 illustrates injection rate for the monitoring/a 

nalysis embodiment. 
FIG. 10 illustrates fracture width growth behaviors 

for the monitoring/analysis embodiment. 
FIG. 11 illustrates fracture length growth behaviors 

for the monitoring/analysis embodiment. 
FIG. 12 illustrates ?uid ef?ciency behaviors for the 

monitoring/analysis embodiment. 

SUMMARY OF THE INVENTION 

A method for determining the geometry of a fracture 
in a subterranean formation is provided in which the 
geometry is determined using net fracture pressure. The 
method in accordance with the present invention takes 
into account net pressure throughout the fracturing job 
including periods when the treatment is shut-in or treat 
ment ?uid is ?owed back until the fracture closes com 
pletely or until an obstruction is reached in the fracture. 
The present invention can be used for both fracture 
design purposes as well as on-site monitoring and post 
treatment analysis of fracture treatments. The method 
of the present invention generally comprises the steps of 
injecting ?uid into the subterranean formation; monitor 
ing the net fracturing pressure as a function of injection 
rate over time; determining the fracture volume from 
the ?uid injection; calculating the fracture length using 
the net fracturing pressure behavior as a function of 
time; and determining fracture width. 

DETAILED DESCRIPTION OF PREFERRED 
EMBODIMENT 

The three basic fracture width equations—Khris 
tianovic-Zheltov (KZ), Perkins and Kern (PK), and 
radial (penny-shaped)—relate fracture width to rock 
properties, net pressure, and a characteristic fracture 
dimension: length, height, or radius respectively. For 
the following description the letter “a” in equation 
numbers denotes KZ geometry, “b” denotes PK geom 
etry, and “0” denotes radial geometry. 
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—continued 
W _ 8(1 - v2)APR EQN- Kc) 
max _ "E 

where 
Wmax=maximum fracture width at the wellbore 
v=poisson‘s ratio . 

AP =net (excess) fracturing pressure 
L=fracture wing length 
H=fracture height 
R=fracture radius and 
E=Young’s modulus. 

Because (1) K2 models such as those of Daneshy and 
Geertsma and deKlerk approximate the fracture width 
pro?le as being elliptical with respect to horizontal 
distance from the wellbore and of constant width in the 
vertical direction, (2) Perkins and Kern’s model assumes 
the fracture width pro?le is elliptical in the vertical 
direction and follows the relationship 

W(x)= W,,.,,,(1 -x/L)! EQN. 2 

in the length direction, where W=fracture width at a 
horizontal distance, x, from the well bore, and (3) the 
radial model is an ellipsoid of revolution, the average 
and maximum fracture widths are related by 

, . E . 3 w = % um, ON (a) 

W = ? Wm“ EQN' 3(b) 

'2 . E N. 3 
W = T "max Q (C) 

where W=average fracture width. 
Hence fracture volumes (V1) can be calculated accord 
ing to the following equations: 

A volume balance shows that the fracture volume 
equals the volume of injected ?uid (V ,) less the ?uid 
volume that is lost to the formation by leak-off (V ?). 

The integral (volume injected) term simpli?es to Qt for 
injection at a constant rate. 
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4 
The volume of ?uid lost to the formation can be 

calculated according to 

t=injection time 
x=horizontal distance from the wellbore 
Af1=?llld loss area of fracture 
r=radial distance from the center of the fracture 
and where the apparent ?uid-loss velocity, V?, can be 
determined using available correlations. 
Combining Eqns. 5 and 6 yields 

which may be combined with Eqn. 7 and solved numer 
ically for L or R. Once the length or radius is know, 
Eqn. 1(a) or l(c) may be used to determine fracture 
width for X2 or radial geometry. Equation l(b) for PK 
geometry does not require length to be known before 
width can be calculated. 
To allow fracture length (radius) and width and ?uid 

ef?ciency to be determined using net fracturing pres 
sures, a general method for solving Eqn. 8 has been 
devised and implemented. The method can be used for 
fracture treatment design and for on-site monitoring 
and post treatment analysis of a fracture treatment. The 
methods can be carried out by use of an appropriately 
programmed computer. 
The methods of the present invention are generally 

performed by the following steps. First, the volume of 
slurry injected during the current time step is deter 
mined from the duration of the time step and the current 
injection rate. This volume is added to the previously 
injected volume to get the total volume injected into the 
formation. The cumulative volume of ?uid lost to the 
formation up through the previous time step is next 
determined. The maximum possible fracture volume is 
found by subtracting the previously lost volume from 
the total injected volume. Using ‘the maximum possible 
fracture volume and Eqn. 5, an upper bound on the 
fracture length or radius is calculated. This will also 
serve as an initial estimate on the fracture length or 
radius. 

Using the current estimate of fracture length (radius), 
the corresponding volume of ?uid lost during the cur 
rent time step is determined. This volume is subtracted 
from the maximum possible fracture volume to obtain 
the current fracture volume. Using this volume and 
Eqn. 8, a new fracture length (radius) is calculated. If 
the estimated and calculated lengths (radii) do not agree 
within an acceptable tolerance, the estimated length 
(radius) is re?ned and this process is repeated until con 
vergence is achieved. An acceptable tolerance is agree 
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ment between the estimated and calculated length (ra 
dius) of about 5% or less. The preferred range is about 
1.0% to about 0.1% and the most preferred tolerance is 
about 0.1%. Once the acceptable tolerance is achieved, 
fracture width is calculated from Eqn. 1. 

In one embodiment, logarithmic least squares fits are 
performed on length (radius) vs. time and width vs. time 
data (i.e., ?t the data to power-law type equations) to 
provide a means for rapidly determining fracture length 
(radius) and width in subsequent calculations. In this 
embodiment it is assumed that the injection rate is con 
stant and does not allow fracture length to decrease. 
The net pressure is assumed to follow power-law typew 
behavior and thus, the user must supply the expected 
net pressure value at 1 minute and an e value within the 
limits set by Eqn. 11 where the time exponent, e, is a 
power by which net pressure is related to time. If calcu 
lations for a constant net pressure value are desired, 6 
would be set to 0 by the user. 
A second embodiment for monitoring and analyzing 

a fracture treatment allows net pressure and injection 
rate to vary with time. The net pressure is, of course, 
limited to positive values but the injection rate can be 
zero (for shut-in) or negative (for ?owback) as well as 
positive. Fracture length and width are allowed to de 
crease with time. If in the monitoring/analysis embodi 
ment a decrease in fracture length is calculated, ?uid 
previously lost through reabsorbed fracture area re 
mains lost and the previously built-up resistance to leak 
off in that region will be considered should the fracture 
regrow to cover that area again. 

It is possible to learn a fair amount about the expected 
behavior of the net pressure methods by making certain 
simplifying assumptions and determining the rates of 
pressure increase or decrease for which the various 
models will predict that fracture growth will occur. 

If ?uid loss is negligible (V?=O) and the injected 
?uid is incompressible, the rate the fracture increases in 
volume will equal the injection rate. In addition, if the 
injection rate is constant, the rate of volume increase 
will be proportional to time and thus the product of 
length and width will be proportional to time for the 
K2 and PK models and the product of width and the 
square of the radius will be proportional to time for the 
radial model. 

1. WM, 0: 1 EQN. 9(a,b) 

R1 WM,“ 1 EQN. 9(c) 

This can be substantiated by combining Eqns. 4 and 6. 
Stated in other terms, if width is constant, length will 

be proportional to time for the constant height geome 
try models. Likewise, if length is constant, width will be 
proportional to time. For the radial model, radius will 
be proportional to the square root of time if width is 
constant and width will be proportional to time if radius 
is constant. 

Therefore, to determine the pressure conditions 
under which the models will predict both width and 
length or radius to grow (at constant injection rate), 
either Eqn. 1, or Eqn. 8 as simpli?ed by the assumptions 
of constant rate and negligible ?uid loss, may be solved 
for AP. 

E EQN. 10(a) 
AP: 
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-_continued 
AP = E Wmax EQN- 10th) 

20 _ v2) 11' 

W E N. 1 AP : 17E max Q 0(3) 

8(1 - v2) R 

For KZ geometry, if width is constant and length is 
proportional to time, AP will be inversely proportional 
to time; if length is constant and width proportional to 
time, AP will be directly proportional to time. 
For PK geometry, a constant width with length pro 

portional to time will give a constant AP; a constant 
length with width proportional to time will result in AP 
being proportional to time. 

For- radial geometry, holding width constant and 
increasing radius proportionally to the square root of 
time results in AP varying in inverse proportion to the 
square root of time; holding radius constant and increas 
ing width proportionally to time results in AP increas 
ing proportionally to time. 

Thus, for both fracture length and width to be pre 
dicted to grow under the assumptions made, the time 
exponent by which the pressure changes, 6, will need to 
fall between the following limits: 

—l<e<1 EQN. ll(a) 

0<e<l EQN. 11(b) 

—£<e<1 EQN. 11(c) 

These time exponents, 6, may be equivalently looked 
upon as slopes on a log net pressure vs. log time graph. 
The limits will vary slightly from the tabulated values 
when ?uid loss is considered, with the variance increas 
ing as fluid efficiency decreases. For negligible fluid 
loss, a time exponent or log-log slope less than the lower 
limit implies the fracture is narrowing and an exponent 
or slope greater than the upper limit implies the fracture 
is shortening. 
From Eqn. 11 and the above discussion, a unit slope 

of log(AP) vs. log(t) (FIG. 1) indicates arrested horizon 
tal (length) growth of both fracture wings; however, 
contrary to prior analysis methods, a slope greater than 
1 indicates that the fracture is shortening with the width 
increasing at a more dramatic rate, (assuming, of course, 
that the fracture continues to meet the assumptions 
under which the relationships were developed). The 
shortening would most likely be an “effective” shorten 
ing of the fracture due to proppant packing off the 
fracture increasingly nearer to the wellbore. 

Additionally, if one wing is completely blocked and 
the second is merely restricted, the log-log slope will be 
the same as if both were accepting ?uid but were re 
stricted; the curve will merely be shifted vertically by a 
factor of 2"' as can be shown from Eqn. 12: 
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K'=power law consistency index for slot (fracture 
?ow) 

W=fracture width 
n’=power law behavior index 
p=pressure. 
The situation would be analogous to injecting at twice 
the rate into’two restricted wings and the slope on a 
Cartesian coordinate graph, not the log-log graph, 
would be increased by this factor. Similarly, if growth 
of one wing is restricted and the other wing is growing 
without horizontal restriction, such as could occur if 
the fracture encountered an impenetrable fault, the 
log-log slope will be similar to that for unrestricted 
growth of both wings but the curve will be shifted 
upward, as is illustrated by FIG. 2. 

In general, it can be shown from Eqn. 12 that 

aptzo" EQN. 13 

and thus any change in the effective ?ow rate into a 
fracture wing will cause a corresponding vertical shift 
on the log (AP) vs. log(t) curve. An additional conse 
quence of this observation is that the initiation of sec 
ondary parallel fractures should result in a downward 
shift of the curve. However, because the additional 
fractures will be parallel and in close proximity to the 
primary fracture, the effects of the rock properties (E 
and v) would need to be considered in quantifying the 
effective fracture wings from the degree of shift. 
As stated before, slopes less than the lower limits 

listed above indicate that the fracture is narrowing. 
Under conditions of constant injection rate and constant 
?uid properties, this could be indicative of less re 
stricted height growth resulting from penetration into a 
zone with lower least principal stress. It could also 
indicate fracture penetration, vertically or horizontally, 
into an area of higher ?uid-loss rate. 
We can also infer that encountering a natural fracture 

that accepts ?uid will result in the slope temporarily 
decreasing and eventually regaining its pre-encounter 
value (FIG. 3). The rapidity of the shift will give some 
indication of the behavior of the natural fracture. A 
sudden shift, for example, would indicate that the natu 
ral fracture was open or easily opened and accepted 
?uid readily. A gradual shift would indicate a slower 
rate of ?uid loss into the natural fracture. If the natural 
fractures are closely enough spaced, individual encoun 
ters may become indistinguishable on the graph, the 
result being'simply a continued lower slope. 
Methods described herein based strictly on fracture 

mechanics considerations and a volume balance, show 
pressure behaviors that indicate whether or not the 
fracture width or the fracture length is growing. Prior 
art methods have considered the ?uid mechanics as 
pects of the problem to determine the expected behav 
ior under ideal growth conditions. However, the prior 
art methods generally limited their consideration to 
PK-type models or provided no theoretical and little, if 
any, empirical justification for the reported pressure 
behavior for R2 and radial models. 
The expected pressure responses for KZ, PK, and 

radial fractures under conditions of constant injection of 
an incompressible ?uid with little or no ?uid loss are 

0 

e-a 5 
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Apart/0"“) EQN. 14(c) 

Prior art methods can be extended to also give a 
bounding value of the time exponent, e, for the case of 
high ?uid loss with PK-type models. Using analogous 
methods, it is possible to derive high ?uid loss e values 
for K2 and radial geometries. 

All three of these equations were derived under the 
assumption that, under conditions of high ?uid loss, L is 
proportional to the square root of time and R is propor 
tional to the fourth root of time, as can-be demonstrated 
to be the case for PK geometry from Carter’s work and 
as was demonstrated to be the case for R2 and radial 

geometry by Geertsma and deKlerk. 
From Eqns. 14 and 15, the expected ranges of e val 

ues can be determined for any given n’ value. For an n’ 
of l, the e ranges for different geometries are 

For n’ equal to its lower, although unattainable, bound 
of O, the e ranges are 

¢=0 EQN. 17(a) 

iéeél EQN. l7(b) 

(=0 EQN. 17(c) 

Therefore, PK geometries should show small positive 
slopes on log-log plots; K2 and radial geometries 
should show small negative slopes. In fact, the similarity 
of e ranges should make it dif?cult to distinguish KZ 
from radial growth behavior from the slope of the pres 
sure curve‘ alone. It is also interesting to note from Eqn. 
14 at least theoretically, if not practically, a hydraulic 
fracture could be used as a viscometer if the conditions 
under which the relationships were derived were 
strictly met. 

EXAMPLES 

The following examples are provided to illustrate the 
methods of the present invention but are not intended in 
any way to limit the invention. 
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Example l 
To ideally design a fracturing treatment using net‘ 

pressures, pressure data from a similar treatment in an 

10 
TABLE l-continued 
Treatment Parameters 

Design Example 
Poisson's ratio = 0.2 

offset well in the same formation should be used. If, 5 . A 
_ , Ce”: 0.002 ft/min 

however, data are available from an offset well, but the 
treatment rate or ?uid to be used is different, the design 

TABLE 2 

Fracture Growth as Predicted by 
Net Pressure Model (K2 Geometry) 

Width 
Fracture Length at Wellbore Fluid 

Assumed Net @ l min Growth @ 1 min Growth Efficiency‘ 
Pressure Behavior (ft) Exponent (in.) Exponent @ 60 min 

Daneshy model 118.5 0.508 0.0569 0.361 ' 0.458 
AP = 62.487 t-O-Im psi 101.3 0.546 0.0486 0.399 0.461 
AP = 34.192 psi 121.6 0.501 0.0319 0.501 0.455 
AP = 40.097 psi 115.5 0.501 0.0356 0.501 0.482 
AP = 62.487 psi 99.3 0.501 0.0477 0.501 0.555 

TABLE 3 
Fracture Growth asPredicted by 

Net Pressure Model (PK Geometry) 
Average Width 

Fracture Length at Wellbore Fluid 

Assumed Net @ l min Growth @ 1 min Growth Ef?ciency 
Pressure Behavior (ft) Exponent (in.) Exponent @ 60 min 

Perkins & Kern model 131.7 0.573 0.0363 0.220 0244 
AP = 240.64 {01204 psi 137.4 0.558 0.0363 0.220 0.239 
AP = 240.64 psi 176.9 0.532 0.0363 0.000 0112 
AP = 486.20 psi 118.4 0.610 0.0733 0.000 0.208 
AP = 593.40 psi 1022 0.637 0.0895 0.000 0.245 

version of the net pressure model can still be employed 
by using the observed log-log slope (6), but adjusting 
the 1 minute pressure value according to 

Comparative examples were run to demonstrate the 
net pressure method of the present invention. 

Fracture geometry and net pressure responses were 
calculated using the models of Daneshy and Perkins and 
Kern employing the formation and fluid data listed in 
Table 1 and a job time of 60 minutes. The fracture ge 
ometries for the corresponding width equations (K2 
and PK) were then recalculated using the design ver 
sion of the net pressure model. This was done for four 
different assumed pressure responses: (1) the predicted 
net pressure response (i.e., AP at -1 minute and e), (2) the 
predicted I minute net pressure value, (3) the average 
net pressure over the 60 minute period, and (4) the 
predicted 60 minute net pressure value. Table 2 and 
FIGS. 4 and 5 present the results for Daneshy’s model 
and for the net pressure method with the K2 width 
equation. Table 3 and FIGS. 6 and 7 present the results 
for Perkins and Kern’s model and for the net pressure 
method with the PK width equation. 

TABLE 1 
Treatment Parameters 

Design Example 
Injection rate = 10 bbl/min 

Fracture height = 50 ft 
Permeable height within fracture = 20 ft 
Young's modulus = 6 X 106 psi 

35 

45 

65 

From FIG. 4, we can see that in this instance the 
length curve for AP=34.192 psi nearly coincides with 
the length curve calculated from Daneshy’s model. 
However, by comparing the width curves on FIG. 5, 
we ?nd that they disagree at early times. Instead, the 
curves generated using the net pressure behavior pre 
dicted by Daneshy’s model agree more closely with 
that model, as they should. Likewise, as can be seen on 
FIGS. 6 and 7 and on Table 3, using the pressure behav 
ior predicted by Perkins and Kern’s model in the net 
pressure method produces results virtually identical to 
those of the original model. 
As would be expected, with either width equation the 

net pressure method of the present invention predicts a 
greater width and a shorter length when a higher con 
stant pressure is entered. A more signi?cant aspect of 
this is that in both cases when a constant pressure is 
assumed, the ?nal length and width agree more closely 
with those predicted by the traditional models when the 
?nal net pressure is used. From this we can conclude 
that the most important aspect of using the net pressure 
methods is matching the ?nal pressure of the job and 
secondary in importance is matching the preceding 
pressure history. 
From Eqn. 9, derived for circumstances of negligible 

?uid loss, and Eqn. 10, it is easily shown that the follow 
ing proportionalities should hold under the same condi 
tions: 

EQN. 19(a) 



11 
wmxar? +10” EQN. 19(c) 

L a 41-0)” EQN. 20(a) 

l. 1:14 EQN. 20(b) 

a a in“?! EQN. 20(c) 

By assuming L or t! °.'R °‘ '1, ‘"‘d “""8’ EW- lO, the follow 
ing proportionalities for fracture width can be derived 
for high ?uid-loss conditions: 

By inserting the proper 6 values into these relation 
ships and by considering the actual ?uid efficiencies, we 
can see that all calculated length and width growth 
exponents reported in Tables 2 and 3 have values ex 
tremely close to those expected. In other words, behav 
ior approaches that predicted by Eqns. l9 and 20 at high 
efficiencies and approaches that predicted by Eqn. 21 at 
low efficiencies. 

Example 2 
A net pressure method in accordance with the pres 

ent invention was executed using pressure and rate data 
from a fracturing treatment performed in the San An 
dres formation of west Texas. The planned treatment 
comprised a pad stage of 11,000 gal, a 10,000 gal stage 
containing 20/40 mesh sand ramped from 0.5 to 6 
lb/gal, a 3,000 gal stage containing 6 lb 20/40 mesh 
sand/gal, and a ?ush stage. (Additional treatment data 
are listed in Table 4.). Because of rapidly increasing 
treating pressures, as shown on the log(AP)-log(t) 
graph of FIG. 8, the 6 lb/gal stage was not pumped. 

TABLE 4 > 

Treatment Parameters 
Monitoring/Analysis Example 

n’ = 0.568 

' = 0.0765 taped-Val 
Fracture height (K2 and PK geometries) = 135 ft 
Permeable height = 63 ft 
Young's modulus = 6.5 x 106 psi 
Poisson's ratio = 0.2 

ci= 0.00153 rt/minl 

For the ?rst 18 minutes of the pad stage, the net pres 
sure, 
For the first I measured through alive annulus, exhib 

ited no particularly unusual behavior. At around 18 
minutes into the treatment, the net pressure experienced 
a rapid 13% decline. The simultaneous drop in injection 
rate (FIG. 9) of approximately 5%, which from Eqn. 13 
should have resulted in a net pressure change of 3%, is 
insufficient to account for the actual drop in pressure. 
Because the San Andres formation is naturally frac 
tured, a likely explanation is that the hydraulic fracture 
encountered or opened a natural fracture at this point. 
FIG. 10, a graph of fracture width as calculated by 

the net pressure model for each of the three width equa 
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12 
tions, shows a corresponding decrease in fracture width 
when pressure drops. It is interesting to note that for the 
initial 18 minutes of the treatment, when the rate and 
pressure are reasonably stable, the model predicts grad 
ually increasing widths with the K2 and radial geome 
tries, but a quickly acquired and fairly constant width 
for the PK geometry. 
The length growth for all three geometries is gradual 

during this period (FIG. 11). At the point where the 
pressure drops, the rate of growth increases because the 
model cannot account for the additional ?uid loss from 
the unexpected heterogeneity, instead treating the natu 
ral fracture as additional fracture length. 

Shortly after the proppant enters the perforations at 
24.5 minutes, the net pressure starts rising rapidly, with 
a slope much steeper than 1 on the log-log graph. At the 
same time, the calculated width increases rapidly and 
the length decreases. The rises in pressure and width, 
and the decrease in effective length can be attributed to 
proppant screenout in the fracture and provide further 
evidence of unanticipated ?uid loss to natural fractures. 
At about 28 minutes into the treatment, the log-log 

slope temporarily decreases to a normal value, as does 
the rate of width growth. The calculated length is 
shown to increase, but since the preceding screenout 
behavior should preclude this from happening, a plausi 
ble conclusion would be that the prior increase in pres 
sure has-opened a previously encountered natural frac 
ture, or possibly, but less likely, a secondary fracture 
The calculated increase in length can be viewed either 
as the inability of the model to consider the heterogene 
ity or as an increase in effective length. Shortly thereaf 
ter, pressure and width restart their rapid rises and, 
because of proppant packing, the effective length de 
creases. 

When injection ceases following the ?ush (injected at 
approximately 10.5 bpm), the pressure, of course, de 
clines The great increase in calculated length results 
from the model‘s current inability to consider the effect 
of the proppant that is packed inside the fracture If the 
fracture width were held constant or nearly so, the 
calculated length would decrease as a result of ?uid 
loss. When a treatment proceeds normally, i.e., without 
screenout and the accompanying extreme rise in pres 
sure, the pressure fall-off at shut-in will be less severe 
and the lesser calculated fracture length growth during 
this same period can be assumed to be realistic at least 
until proppant or other physical obstructions limit the 
fracture width from further decreasing. 
FIG. 12 illustrates the calculated ?uid efficiencies for 

the three geometries for the Example 2. 
What is claimed: 
1. A method for determining the geometry of a frac 

ture created in a subterranean formation comprising the 
steps of: 

(a) injecting ?uid into said subterranean formation; 
(b) monitoring the net fracturing pressure as a func 

tion of the ?uid injection rate over time; 
(c) determining the ?uid volume injected for a fixed 

time period from the injection rate of ?uid; 
((1) adding the volume determined from step (c) to the 
volume of ?uid injected into said subterranean 
formation prior to said ?xed time period; 

(c) determining the volume of ?uid lost into said 
subterranean formation from previously created 
fracture area; 
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(f) calculating an upper bound on fracture length 
according to the equations: 

(g) estimating a ?rst fracture length based upon previ 
ous bounds of fracture length; 

(it) determining volume of fluid loss using said ?rst 
fracture length; 

(i) calculating a second fracture length according to 
Step (0; 

(j) comparing the ?rst fracture length determined in 
step (g) to the second fracture length determined in 
step (i) to determine whether the difference be 
tween the two is within acceptable tolerance; 

(k) repeating steps (g) through (i) until an acceptable 
tolerance is achieved; 

(l) determining fracture width; and 
(m) using said net fracturing pressure behavior to 

design a fracture treatment. 
2. The method according to claim 1 where in steps (c) 

through (1) are repeated until calculations have been 
made for all the desired incremental time steps. 

3. A method for determining the geometry of a frac 
ture created in a subterranean formation comprising the 
steps of: 

(a) estimating the net fracturing pressure as a function 
of the fluid injection rate over time; 
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14 
(b) determining the fluid volume injected for a ?xed 

time period from the injection rate‘ of ?uid; 
(c) adding the volume determined from step (b) to the 
volume of fluid injected into said subterranean 
formation from previously created fracture area; 

(e) calculating an upper bound on fracture length 
according to the equations: 

(f) estimating a ?rst fracture length based upon previ 
ous bounds of fracture length; 

(g) determining volume of ?uid loss using said ?rst 
fracture length; 

(h) calculating a second fracture length according to 
Step (9; 

(i) comparing the ?rst fracture length determined in 
step (f) to the second fracture length determined in 
step (h) to determined whether the difference be 
tween the two is within acceptable tolerance; 

(i) repeating steps (f) through (i) until acceptable 
tolerance is achieved; 

(k) determining fracture width; 
(1) performing logarithmic least squares ?t on said 

fracture lengths versus time and said fracture 
widths versus time to provide a means for rapidly 
determining said fracture length and fracture width 
in subsequent steps; and 

(m) using said net fracturing pressure behavior to 
design a fracture treatment. 

it a: if at a: 






