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[57] ABSTRACT 

Disclosed is a technique for error checking in one chan 
nel or a pair of channels of a binary system in which 
communications is serial-by-character and parallel-by 
bit, such as in digital computer-controlled magnetic 
tape peripherals. The system is shown as applied to the 
group coded recording (GCR) format and standard for 
half~inch, nine-track magnetic tape used for interchange 
among information processing systems (the USA Stan 
dard Code for Information Interchange). The technique 
employs equipment which generates and records on the 
tape, together with a set of information'characters, a 
check (i.e., redundant) character and parity bits, the 
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MULTI-PARALLEL-CHANNEL ERROR 
CHECKING 

BACKGROUND OF THE INVENTION 

There are presently available a number of well-docu 
mented techniques devoted to detection, location and 
correction of errors in binary coded information which 
is transmitted serially a bit at a time between remote 
stations. Such transmission is often over an imperfect 
communications network: ratio telegraphy is subject to 
atmospheric disturbances, telephony is subject to cross 
talk and line noise, gating networks within a data pro 
cessing computer are subject to spurious oscillations, a 
computer system involving cooperation between pe 
ripheral equipments is subject to intermittent loss of 
synchronization, etc. Such error handling techniques 
may be as limited as an odd-even parity check, capable 
only of detecting an odd or even number of errors, or as 
potent as burst checking systems capable of correcting 
a plurality of combinational types of error. In order to 
provide a background‘ which will serve to distinguish 
the contribution of the present invention, some of these 
sytems will be reviewed brie?y. 
The parity check adds, usually, a check bit to the 

information bits and all bits are transmitted as a train of 
signals, each signal representing one bit. For example, 
for an even parity check, the value of the check bit is 
chosen so that each transmitted data group comprises 
an even number of binary 1 bits (i.e., the modulo 2 sum 
of the data group is computed). On reception of the data 
group, the presence of an odd sum indicates that an odd 
number of errors has occurred. This system cannot 
detect an even number of errors, it cannot indicate the 
location of errors within the data group and it cannot 
correct them without calling for the retransmission of 
the data group. ’ ‘ 

An advantage of prime signi?cance beyond the above 
is a system which locates and corrects a single transmis 
sion error in a data group by generating (“encoding”) 
and transmitting a plurality of “locator” parity bits 
which are a function of the bits in selected bit positions 
of the data group. The selection sequence, for data 
groups in which locator parity bits follow information 
bits in transmission, resembles a binary counting se 
quence and the function is, as with the parity check, the 
modulo 2 sum. In operation, if a parity check (“decod~ 
ing”) produces a count of 0 for each selection of bits, no 
error was made,,but if the result is otherwise, a com 
bined count comprising all selection counts will indicate 
the bit position of the data group occupied by the bit in 
error. This system has been extended to detection of a 
double error by adding another “error-type” parity bit 
which checks all bit positions of the data group. 
Both single error correction and double error detec 

tion are also achieved by selection of bit positions in 
accordance with a shift sequence; a considerable practi 
cal advantage thereof is that mechanization of the parity 
checks may be by a shift register having an “exclusive 
OR” feedback connection from one or more of the 
stages such that the register count recycle. Since more 
than one cyclic sequence may be generated by registers 
having at least three stagesand this type of feedback 
connection, it is immaterial which sequence is employed 
provided that both the encoder at the transmitting sta 
tion and the decoder at the receiving station use the 
same one. Further, this approach ‘has been extended to 
checkingerrors in other combinations of bits by adding 
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2 
an additional locator parity bit and an additional error 
type parity bit. Both the locator and error-type bits are 
chosen by cyclic sequence selections of bit positions of 
the data group and thus two sequence generators are 
required. 

It is, of course, known that many other codes may be 
derived to accomplish the objects of error detection, 
location and correction. The basis for the high regard 
attached to cyclic coding and decoding is the simplicity 
of the circuitry with which they may be mechanized, 
namely, with shift registers incorporating one or more 
module 2 or complemented modulo 2 feedback connec 
tions, i.e., exclusive “OR" connections. 
A typical application of this technique is to the prob 

lem of transmission ?delity for a system involving paral 
lel-by-bit, serial-by-character transmission of digital 
information such as widely found in magnetic tape, 
punched cards and buffer equipment used for communi 
cation with high speed computers, in parallel computers 
themselves, etc., for which one of the intents of the 
design is to speed operation by providing a plurality of 
communications paths operating on a plurality of infor 
mation simultaneously. Thus, a magnetic tape unit capa 
ble of, for instance, 9-channel storage, may have a sens 
ing multiple head which generates 9 bits simultaneously 
(which together may represent a character), one on 
each of 9 lines communicating with a computer arith 
metic unit; a plurality of characters are generated se 
quentially and may further be divided into sequences of 
words, each, usually, comprising the same number of 
characters. 
For this type of system, several techniques have been 

employed to permit correction of errors in a single 
channel (such as sensed by the head of a track of a 
multi-track tape);v these generally involved various cod 
ing techniques to identify the track having erroneous 
bits and then a parity track to determine parity over the 
corresponding bits in all the channels (i.e., the charac 
ter) and so determine the errors. The coding techniques 
include cyclic and longitudinal redundancy, residue, 
diagonal, orthogonal, etc., capable of detecting and 
correcting many error patterns. 
In order to accomplish error checking in a plurality of 

tracks, these techniques have been extended to generate 
additional information: pointers (i.e., indicators) iden 
tify tracks having a high error probability. These point 
ers may be based on one or several of tape system pa 
rameters: amplitude less than a preset threshold, exces 
sive phase shift, skew and tape speed variation and, 
where there is code conversion in recording and sens 
ing, the recognition of invalid code combinations. How 
ever the advantage must be weighed against the eco 
nomics of the additional structure to provide the inclu 
sion of such facilities. 

SUMMARY OF THE INVENTION 

The system of the present invention is embodied in an 
interface unit which is capable of detecting that, in a 
word transferred between, for instance, a computer and 
a magnetic tape unit, one or two bits of the characters 
(i.e., one or two channels) are affected by error, of 
locating the characters in error and of correcting them 
by generating their correct counterparts and substitut 
ing the latter for the former. The invention contem 
plates the transmission from and to a host computer, of 
complete words of information, comprising, in the em 
bodiment selected for particular description, for in 
stances, seven eight-bit characters, to each of which one 



3 
bit of parity’ (carried by another channel) is added while 
one character devoted to error checking is added to the 
word. However, it is to be understood that the present 
system is easily adaptable to characters of any plurality 
of bit content and words of any character length, pro 
vided that the word length does not exceed the number 
of distinct character combinations which may be used in 
the word. The error checking character is preferably 
transmitted as the last character of the word. Thus, an 
8-character word of 9-bit characters will comprise 7 
sequential information-representing characters fol 
lowed by a check character, and each of the characters 
may consist of 8 information bits and a parity bit. The 
check characters are generated through application of 
modi?ed cyclic coding which, in cooperation with a 
vertical (i.e., transverse or character) parity computa 
tion, can detect error bursts of any length in any of the 
nine tracks; furthermore, the polynomials for the check 
character have been chosen to overlap in their error 
detection capabilities to insure optimum effectiveness. 
In addition, the check characters, when supported by 
parity and the track pointers, and mechanized as taught 
by the invention, can correct errors in a pair of tracks. 

DESCRIPTION OF THE DRAWINGS 

FIG. 1 comprises a block diagram of the interface of 
the present invention as interposed between a computer 
and a magnetic tape unit; 
FIG. 2 indicates how the interface information is 

converted in form for recording on tape; 
FIG. 3 tabulates the conversion values for FIG. 2; 
FIG. 4 correlates the data word with tape tracks and 

their corresponding error check syndromes; 
FIG. 5_ is a block diagram of one embodiment (multi 

plication of vector-by-matrix row) of the error check 
unit of FIG. 1; 
’FIG. 6 is a block diagram of another embodiment 

(multiplication of vector-by-matrix column) of the error 
check unit of FIG. 1; and 
FIG. 7 is a more detailed block diagram of the FIG. 

6 error check unit. 

DESCRIPTION OF THE PREFERRED 
EMBODIMENT 

Before embarking on a detailed description of the 
preferred embodiment of the invention, it may be ap 
propriate to provide some comments on the generic 
handling of binary information by a magnetic tape sys 
tem. 
FIG. 1 abstracts such a system cooperating with digi 

tal computer 100, providing storage therefor on mag 
netic tape 102, signals being intercommunicated via 
interface 104. It is the function of interface 104 not only 
to provide signal paths but also to enhance and modify 
the signals for error checking (and other purposes not 
relevant here) and to provide other signals (the afore 
mentioned pointers) for use by its error checking cir 
cuits. 

Typically, interface 104 would receive the eight bits 
of sequential characters from computer 100 at word 
assembler 106 which forms a word of seven characters, 
designated as D1 through D7, each of eight bits, desig 
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nated Bl through B8, and retransmits the word, again ' 
parallel-by-bit, serial-by-character, to parity (P) and 
error check character (C) generator 108; the latter com 
putes an (odd) parity bit P for each character, thereby 
expanding it to 9 bits, and an error check character E 
for the word thereby expanding it to 8 characters. The 
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8.-character by 9-bit matrix is then transferred to en 
coder 110 in which it is converted to a 10 by 9 matrix, 
and it is this matrix which received by 9 write heads 112 
and recorded on tape 102. 
Encoder 110 recognizes bytes of the matrix and trans 

lates them in value; the bytes are subsets of four bits of 
the same signi?cance from a sequence of characters, no 
bit appearing in more than one subset. Thus, DlBl, 
D2B1, D381, D4B1 comprise a subset, D581, D6B1,' 
D7B1, EBl comprise another . . . and DSP, D6P, D7P, 
EP comprise still another. This con?guration, as well as 
the tape layout of the data word-to-storage word con 
version is represented in FIG. 2; the conversion values 
associated with FIG. 2 are shown in FIG. 3. 
In this code translation, it will be noted that, in the 

taped byte values, there are no more than two adjacent 
zeros and that there is never more than one zero leading 
or ending a code; these characteristics enable self-clock 
ing and provide one basis for detecting errors in a track 
since any loss of readback signal strength creates zeros, 
thereby producing an invalid code. This will trigger 
track-in-error pointers (to be discussed). 

It may also be noted from FIG. 2 that the recording 
process actually permutates the data-track relationship, 
i.e., the 20 order of the data is actually carried by track 
67, the 21 order is in track 1, etc., and the character 
parity bit is recorded in track 4. Such permutation is 
common in tape systems and it and the restoration are 
generally handled in the recorder connections to its 
heads; accordingly, the permutation need not concern 
this speci?cation. 
Again referring to FIG. 1, as tape 102 travels in the 

direction of the arrow shown, the record takes the form 
of 9 longitudinal tracks 114, the information in'which is 
sensed by 9 read heads 116 structured identically to and 
positioned symmetrically with write heads 112. The 
sensed matrix, after ampli?cation in preampli?er 118, is 
set up in deskew unit 120 which aligns the characters; 
then, in decoder 122, it is retranslated to the 8 by 9 
matrix form. The matrix is subsequently examined for 
error in error check unit 124, corrected if necessary and 
possible (i.e., within the constraints of the invention), 
and ?nally, returned to computer 100. 
As the data is conveyed through the system, certain 

signals are generated, based not only on its content and 
form, but also on various characteristics of the system 
components. These signals comprise inputs to pointer 
accumulator 126 which compares them with pre-estab 
lished presets to emit a track-in-error signal TIE (the 
aforementioned track pointer) for error check unit‘ 124, 
if the data of a track is to be considered unreliable. The 
inputs may comprise any combination of the following: 
ta'pe velocity error signal VE derived from tape speed 
sensor 128 associated with the drive means (not shown) 
of tape 102, below-threshold signal BT derived from 
threshold detector 130 at the output of preampli?er 118, 
phase error signal PE derived from phase comparator 
132 also at the output of preampli?er 118, excess skew 
signal ES generated by deskew unit 120 and coding 
error signal CE generated by decoder 122. The genera 
tion of track-in-error pointer signals (here, signal TIE) 
from signals such as the aforementioned as well ‘as sig 
nals (not shown) which enable synchronization (e.g., to 
correlate a particular signal TIE with the track under 
scrutiny by error check unit 124) and other control 
signals are believed sufficiently known in the art to 
require no discussion in this speci?cation. Accordingly, 
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attention will now be directed to considerations involv 
ing the error checking capabilities of the invention. 
As is common in the literature, number representation 

herein will be in polynomial form and arithmetic will be 
modulo 2; also, in general, concern is with encoding 
information characters D comprising sequences of bits 
B by appending thereto sequences of check bits C with 
respect to the orders of the characters. 
Thus, in FIG. 1, character E is formed by combining 

characters D1 through D7 with the'operator polyno 
mial F as follows: 

This operation results in appending a number of zeros 
to each data character; the number corresponds to the 
value of the'exponent of the sham variable X associated 
with the character. 
Polynomial F is determined by the modulo 2 summa 

tion of coefficients of like powers of the polynomial 
representations of characters D1 through D7, and: 

E=F(modG) 

where G, generator polynomial, has ‘been selected as: 

Brie?y, character E is the remainder after dividing 
polynomial F by polynomial G; it comprises 8 bits and 
is the last (here, eighth) character of the data group. 
As example of the encoding-decoding operations in 

accordance with the above, using data characters con 
sisting of all 1 bits and the generator polynomial 

G= 1 +X1+X‘+X5+Xa= 100111001 
is tabulated as follows: 

10 

15 

20 

25 . 

30 

35 

6 
It follows, then that pattern EP(X) for a track X corre 
sponds to the ‘syndromes of the syndrome set for the bits 
in error added modulo 2; for single-track errors, of 
course, aparity computation (bits P of the data group) 
will indicate ‘the track. Mathematically, this may be 
state as 

EP(X) = P695010 

where 
EP(X) = EP for track X, 

P = the'parity indication, 
S(X) = the syndrome for track X, 
65 = matrix multiplication. 
Also, since errors in the parity track (track 9) are the 

sum of the errors of all tracks, for a single track-in-error, 
the parity track errors equal the errors in that track; 
thus: 

where ' 

E(X) = the error vector which locates the bits in 
error. 

Now it _will be noted that each of the matrices S may 
be generated from another matrix S by shifting modulo 
(generator) polynomial G; consequently a track-in 
error may be identi?ed by shifting pattern EP in a linear 
feedback shift register. 

It will be noted further tha the simple parity computa 
tion for the columns of the diagonalized data group 
(word with P and E bits appended by generator 108, 
FIG. 1) fails to provide for multiple errors; similarly, 
multiple syndromes S “mask” each other in pattern EP. 
Masking may occur in the parity P track and/or pattern 
EP. To discriminate and, for instance as contemplated 

1 

encode‘ decode 
mod2 11111111 D1 11111111 

11111111 D2 11111111 
addition 11111111 D3 11111111. 

11111111 D4 11111111 
11111111 D5 11111111 

11111111 D6 11111111 
11111111 D7 11111111 

- . E 11010001 

010101011010101 F 10000100101010] 
Division - 100111001 G — 100111001 

byG 011111011 011011011 
— 100111001 G — 100111001 

111100001 011110001 
- 100111001 G —- 100111001 

010011011 ‘ 1100111001v 
-100111001 6 —100111001 ' " 1 

11010001 E(remainder) 000000000 EP (error pattern) 

If errors occur in manipulating the data group, the error 
pattern, designated EP, will be other than zero. Fur 
ther, it can be seen that the 64 possible single bit errors 
in the (8 X 8) data matrix will result in 64 individual 
patterns EP and that all single bit errors in a column (of 
the modulo 2 addition)‘ produce the same pattern EP 
(i.e. the same syndrome) which is different from the 
syndromes of all other columns, i.ei., there are 15 unique 
syndromes. ' _ . M _ 

The foregoing is pictorially represented in FIG. 4; it 
is apparent that the syndromes, designated X", are asso 
ciated in sets of eight with the eight tracks,‘ the sets, or 
matrices, being labelled-S1 through S8. Thus, for exam 
ple, track 8, transversed by a diagonal line in the ?gure, 
for single bit errors, is characterized by the eight syn 
dromes X0 through X7, and this set is unique to track 8. 

by this specification, to locate and correct two track 
s-in-error, information, additional to pattern EP and 
parity-P, comprising a pair of signals TIE, are employed 
(by unit 124, FIG. 1). 
For plural track error correction, pattern EP is the 

summation of patterns EP of the individual tracks; for 
60 two tracks X, Y: 

65 
Parity error check vector P detects character parity 

errors in the same manner as vector E(X) detects track 
errors; it is the summation of error vectors E(l) through 
E(8). If it is assumed that two tracks X, Y are in error: 
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P = E01’) @150’) 

or 

E(X) = Pew’) = HBEKY) S(Y) = PQIEPFP 
EHXHGSWL 

Distributing S(Y)! 

where 

I = the identity matrix. 
Multiplying by [I 63 S(X) G9 S(Y)]-1: 

E(X) = [P 69 EP €BS(Y)]<BII $501’) $5031“ 

Oncev the errors in track X are known, those in track 
Y can be determined from: E(Y) = P @ E(X). 
The last two equations contemplate two-track correc 

tion of errors in this speci?cation. These equations may 
be written in simpler form: 

where 
K1 = S( Y), the syndrome matrix for track Y 
K2 = [I 6) S(X) 63 S( Y)] — l, the inverse matrix related 

to track separation between tracks X, Y. 
The relationship of the expression K2 to the separa 

tion between the tracks follows from the observation 
that any pair of tracks-in-error characterized by the 
same separation (for instance, tracks 1, 4, tracks 3, 6, 
tracks 5, 8, each having a separation 01'3 tracks) will be 
characterized by the same result of the matrix multipli 
cation of their respective syndromes. For 8 tracks, there 
are 7 such products: one corresponds to the 7 track 
adjacencies, one corresponds to the 6 track pairs sepa 
rated by a single track, one corresponds to the 5 track 
pairs separated by two tracks... and one corresponds to 
the track pair separated by all the other (7) tracks. 
These products need not be shown here except for those 
which the following examples involve. 
The operation of the equations for two-track error 

correction will be exempli?ed with regard to an all 1's 
data word, in the handling of which errors are intro 
duced in bit positions B4 and B6 (tracks 4 and 6, FIG. 
1), the bits in error being indicated by dots over them: 
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record group read group 
P P 

(odd) as - Bl (odd) B8 - B1 

1 11111111 1 11110111 

1 11111111 1 11111111 

1 11111111 1 _11010111 

1 11111111 1 11010111 

-continued 
record group . read group 

P I P 

(odd) BB-Bl (odd) 88-81 

1 11111111 1 11011111 

1 11111111 1 11010111 

1 11111111 1 11110111 
1 11010001 1 11010001 

Vector P shows the locations of bad parity, a bit 1 in 
rows‘with bad parity and a bit 0 in rows with good 
parity: 

P = 10001010 

corresponding to bad parity in rows 1, 5, and 7 of the 
data group. Pattern EP is the error pattern computed 
from character E with the bad data: 

E1’ = 01010100 

Since tracks 4 and 6 have the errors in them K1 is 
syndrome matrix S6: 

Computing: 

P 6 EPQKI = 00011100. 

K2 corresponds to the matrix product for a track sepa 
ration of two (tracks 4 and 6): 

K2 10011010 
01001101 
10111010 
01011101 
10110010 
01011001 
10110000 
01011000 

The positions’of the errors in track 4(X) are: 

E(X) = 10110110 

and the errors in track 6(Y) are: 

E(Y) = P@ EX: 00111100 

For error correction, vectors E(X) and E( Y) are 
added to the data in tracks 4 and 6. The resulting cor 
rected matrix is the all 1's data group. 

If, however, one of the suspected tracks is the parity 
track, the situation may be regarded as a single-track 
problem involving'one pointer TIE; another pointer 
TIE is employed to .iflag correction of the parity track. 
This is shown in the following exainple, which involves 
an arbitrary data group, in the handling of which errors 
are introduced in bit positions ‘B2 and P (track 2 and 
parity track 9, FIG. 1): ' 
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record group read group 

(Jh) B8—B1 P BS-Bl 
1 00000100 . I 1 00000100 

1 , 01000010 ’ '_?' 01000000 

1 11101101. > ? 11101101 

1 10001011 ? 10001001 

1 10101011 1 ? 101000m 

1 11000010 1 11000010 

1 01000011 ? 01000001 

1 11100100 .. ? 11100100 

Vector E(X) shows the locations of bits in error: a bit 1 
in rows with errors and a bit 0 in rows with correct 
data. Vector EP, computed for the read group, is: 

EP = 10110001 

Since parity is unknown, the‘bits in error cannot be 
checked from the equation. 
The syndrome matrix is 5(2) since the errors are in 

track 2: 

sm = 11110001 
11011011 
10001111 
00100111 
01001110 
10011100 
00000001 
00000010 

Computing: 

E(X) = EP$S(2) = 01011011. 

For error correction, vector E(X) is added to the data 
in track 2. The resulting corrected matrix is identical to 
the record group. Parity can now be corrected by com 
puting vector P. ‘ 

The error check equations (the above-derived expres 
sions for E(X)), E(Y) require techniques for matrix mul 
tiplication; two of these are shown in FIGS. 5 and 6, the 
former of which contemplates multiplication of vector 
by matrix row and the latter of which contemplates 
multiplication of vector by matrix column. 

In FIG. 5, as synchronized by clock ‘signal C, each 
vector element, stored in shift register 200, is “AND”ed 
with the corresponding matrix row, stored in memory 
202, and the rows are then added modulo 2 by exclusive 
OR gates 204 to produce the product transferred to 
accumulator 206. Addressing of memory 202 is accom 
plished by outputs of counter 208, which of course, may 
comprise three memory elements for'the eight rows. 
Since, when not enabled, outputs of memory 202 are all 
zeros, and AND function is provided. 
In operation, the vector is stored in register 200, 

counter 208 is at zero (addressing row 0 of memory 202) 
and accumulator 206 is cleared. After eight clock sig 
nals C, the product is contained in accumulator 206. It 
is noted that, with this technique, no part of the matrix 
product is available until after 8 clock periods have 
elapsed. ' ' 

In FIG. 6, the entire vector, stored in register 220, is 
“AND”ed bit by bit in AND gates 222 with a column of 
memory 224 as addressed by‘ counter 226. The modulo 

20 

25 

30 

35 

40 

50 

55 

60 

65 

10 
2 sum of vthe 8 bit result is one bit of the matrix product. 
It is noted that, with this technique, the matrix product 
is’ generated serially with the ?rst bit available for use 
after "onelclock period. 
The ‘multiplication techniques of FIGS. 5 and 6 apply 

generally to'any vector-matrix multiplication. In imple 
me‘nting' the error correction equations, however, a 
?xed, ordered set of known matrices S(Y) are factors in 
the multiplication and therefore a special property of 
the set is involved, i.e., the product, resulting from 
multiplication of a vector by one of these matrices, is 
equal to the product of the same vector and the next 
higher order matrix shifted left. This means that the 
product of, for instance, matrix S7 and vector pattern 
EP maybe formed by ?rst multiplying vector EP and 
matrix S8 and then shifting left in a linear feedback shift 
register once; likewise, the product for matrix S6 and 
vector EP equals the product of vector EP and matrix 
S8 after two left shifts. 
This characteristic is due to the structure of matrix S8 

(FIG. 4), namely a reverse identity matrix: 

S8 = 00000001 
00000010 
00000100 
00001000 
00010000 
00100000 
01000000‘ 
10000000 

' v The product of a vector times this matrix will simply 
be the mirror image of the vector itself. Thus, for the 
?rst matrix multiplication, it is‘ possible to reverse the 
vector (which requires no additional clock periods) and 
then shift the appropriate number of times to form the 
.desired product. This reduces the amount of memory 
necessary and, more signi?cantly, reduces the total 
number of operations required for ?nding and correct 
ing a single track in error which has not been flagged by 
'a signal TIE. 

Correction of a single track with no TIE signal in 
volves a search for the track-in-error. As already 
shown, when vector EP is multiplied by the matrix for 
the track-in-error, the product is equal to parity vector 
P. Thus, by using the technique of FIG. 6, the search 
can be completed by shifting the reversed error pattern 
until the track is identi?ed; if no track is found after 
seven shifts, the errors are uncorrectable by the system. 
FIG. 7, comprising a simpli?ed block diagram of 

error check unit 124 of FIG. 4, embodies the aforemen 
tioned principles. ' ' 

The data group (the encircled numerals represent 
parallel transfer of bits) enters 'unit 124 from decoder 
122 and is stored in buffer 300 from which it is read out, 
a data character plus parity bit at a time, to error pattern 
(EP) generator 302, parity checker 304 and correction 
unit 306. Generator 302, which provides pattern EP, 
and parity checker 304, which provides parity vectors 
P, feed into multiplier 308, which, as comparison with 
FIG. 6 shows, uses the reverse-and-shift technique, to 
perform the matrix multiplication of its inputs; the shift, 
synchronized by signal C emitted by control‘ 310, oc 
curs in linear feedback shift register 312 and the modulo 
2 addition‘occurs in exclusive OR gates 314 fed by both 
register 312 and, as controlled by synchronization 
(shift) signals from control 310, by parity register 316. 
Accordingly, the input to multiplier 318, received from 
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multiplier 308, represents the term P 6; BBQ S(Y) of 
the equation for pattern E(X). This signal, the vector 
input to the matrix multiplication, is added in AND 
gates 320 to the matrix columns stored in memory 322, 
the latter as sequentially addressed by control 310. Par 
ity generator 324 then operates on the 8-bit signals to 
produce, serially, the bits of pattern E(X). Signals E(X) 
and P, as shown, are combined in NOR gate 326 to 
thereby form signal E(Y). Signal TIE, if generated, is 
fed from accumulator 126 to control 310 and, as the data 
group passes through correction unit 306 which may be 
a buffer register, it is corrected, if appropriate, in accor 
dance with signals E(X), E(Y) at locations identified by 
signal TIE as converted (if desired, by control 310) into 
track select signal TS. 
As is seen from FIG. 7, then, in its preferred form, the 

error check system of this invention may be divided into 
two functional sections. The ?rst of these forms the 
error pattern and partial solution, which is then trans 
ferred to the second section which completes the solu 
tion and corrects the data group. 

It may be appropriate to tabulate all combinations of 
error conditions and the operations they require in the 
system presently being considered: 

5 

15 

12 
of common character bit length arranged so that 
each character is in a cross-channel direction with 
like bits of different characters in respective chan 
nels; } 

generating a check character having said common 
character bit length in response to the bits con 
tained in each data word to be transferred using a 
cyclical code chosen so that the resulting check 
character can be logically combined with its respec 
tive data word to provide a representation of single 
bit errors as a set of unique ordered syndrome mat 
rices, one for each channel, said matrices being 
related to each other in a manner such that the 
product resulting from the multiplication of a vec 
tor by one matrix is equal to the product of the same 
vector and the next higher order matrix shifted in a 
predetermined direction, each syndrome matrix 
containing a plurality of different error patterns 
respectively corresponding to single bit errors oc 
curing in particular bit positions of the respective 
channel; 

appending each generated check character to itsv re 
spective data word in the same cross-channel direc 
tion as the other characters in the word; 

correc 

tion error 
correction operations 

complete solution 
type conditions , form partial solution & correct 

single tie‘ form & 8 right shifts 
1 (not parity reverse of EP correct with 

track) EP' check E? = Pv Pv 
two ties form & 8 right shifts correct Y with 

2 (X,Y) (not reverse of EP SOL G) S(d) correct 
parity track) EP SOL‘ = E? 9 Pv X with [SOL @ S(d)] 

. 9 PV 
no ?agged form 8: right shift correct X with Pv 

3 tracks reverse EP until E? = Pv 
parity tie correct parity tie 

4 only — — with Pv 

parity tie form & 8 right shifts correct X with SOL; 
5 8L one other reverse of EP correct parity tie 

tie (X) E? SOL = EP with SOL Q Pv 
more than 

6 two ties — — no correction; 

?ag error 
7 no errors form & check for no correction 

reverse E!’ = Pv = 0 
EP 

‘tie denotes track-in-error 
EP denotes both the original error pattern and the result after the shift operation. 
SOL denotes “solution" 

It is recognized that the drawings and this description 
provide a rather broad teaching of the present inven 
tion. It is submitted that this is justi?ed in view of the 
supplementary information easilyv available to those 
skilled in the computer arts. It is submitted that the logic 
and detailed circuitry may be structured by such practi 
tioners along the guidelines established in such works as 
the book “Logical Design of Digital Computers” by 
Montgomery Phister, Jr., Wiley, N. Y. 1958. Also, it 
will readily be appreciated that this speci?cation implies 
no structural limitation to those acquainted with com 
puters or logic design; in brief, the present description 
should be considered exemplary for teaching those 
skilled in the computer arts and not constrained to the 
showing herein or in the aforementioned reference. 
What is claimed is: 
1. In an automatically performable, electronically 

implemented error checking and correcting method for 
use in conjunction with a multichannel digital signal 
transfer system, the steps of: 
assembling the digital signals which are to be trans 

ferred into a plurality of multicharacter data words 

55 

65 

logically combining the check character and data 
word of a transferred data group to form an error 
pattern vector representative of bit errors therein; 

generating a ?rst product of said error pattern vector 
and a ?rst one of said syndrome matrices; and 

generating a second product of said error pattern and 
a second one of said matrices by shifting said ?rst 
product a predetermined number of times in a pre 
determined direction as determined by the differ 
ence in the orders of said ?rst and second matrices. 

2. The invention in accordance with claim 1, wherein 
said cyclic code is chosen so that said ?rst syndrome 
matrix is a reverse identity matrix such that the product 
of a vector times this reverse identity matrix is the re 
verse of the vector, and wherein the step of generating 
said ?rst product is performed by reversing said error 
pattern vector. 

3. The invention in accordance with claim 2, includ 
ing the steps of: 
generating a parity bit for each character of a data 
word so as to form a parity vector; 
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appending the generated parity bits of the parity vec 
tor to respective characters of each data word in a 
parity channel‘provided in each data group; and 

generating a channel error vector indicating the pres 
ence of an error in one or more bit positions of a 
particular channel of a data word by steps including 
logically combining said parity vector with at least 
one product of said error pattern vector and one of 
said syndrome matrices, said at least one product 
being generated in a like manner as said second 
product. 

4. The invention in accordance with claim 3, includ 
ing the step of correcting one or more bit errors in a 
channel of a data word by logical combination thereof 
with a corresponding channel error vector. 

5. The invention in accordance with claim 4 including 
the step of: 
generating a channel-in-error signal which is indepen 
dent of said parity and error pattern vectors for 
indicating the likely presence of an error bit in a 
particular one or more channels of a data group; 
and 

wherein said step of correcting employs said channel 
in-error signal for determining which of the chan 
nels of a data word are to be corrected. 

6. The invention in accordance with claim 3 wherein 
the step of generating said check character includes 
combining the N characters of a data word in accor 
dance with the equation E = F (mod G) where F = 
DLYN+ D2XN—1+———-—— DNXand G is selected so 
that repeating the calculation of E = F (mod G) with E 
included with the same data word produces a character 
having the same value for all digits. 

7. The invention in accordance with claim 6: 
wherein said step of generating a channel error vector 
includes generating an X channel error vector E(X) 
in accordance with the equation: 

E(X) = [PeEPe knew 

and generating a Y channel error vector E(Y) in 
accordance with the equation: 

where P is said parity vector, EP is the error pat 
tern produced by operating on the data word and 
check character of a transferred data group in ac 
cordance with the equation of EP = F(mod G), K1 
is the syndrome matrix S(Y), and K2 is an inverse 
matrix related to the track separation between X 
and Y; and 

wherein the product EPGB K1 is calculated as de?ned 
for said second products. 

8. The invention in accordance with claim 7, wherein 
the product of the vector [P 69 EP 69 K1] and the matrix 
K2 is generated by ANDing the vector bit-by-bit with 
each column of the matrix such that the modulo sum 
and the ANDed bits in each column is one bit of the 
resultant product. 

9. In an error checking and correcting system for use 
in a multichannel digital signal transfer system, the com 
bination comprising: 
means for assembling the digital signals which are to 
be transferred into a plurality of multicharacter data 
words of common character bit length arranged so 
that each character is in a cross-channel direction 
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with like bits of different characters in respective 
channels; ' 

means for generating a‘check character having said 
common character bit length in response to the bits 
contained in each data word to be transferred using 
a cyclical code chosen so that the resulting check 
character can be logically combined with its respec 
tive data word to provide a representation of single 
bit errors as a set of unique ordered syndrome mat 
rices, one for each channel, said matrices being 
related to each other in a manner such that the 
product resulting from the multiplication of a vec 
tor by one matrix is equal to the product of the same 
vector and the next higher order matrix shifted in a 
predetermined direction, each syndrome matrix 
containing a plurality of different error patterns 
respectively corresponding to single bit errors oc 
curing in particular bit positions of the respective 
channel; 

means for appending each generated check character 
to its respective data word in the same cross-chan 
nel direction as the other characters in the word; 

means for logically combining the check character 
and data word of a transferred data group to form 
an error pattern vector representative of bit errors 
therein; 

means for generating a ?rst product of said error 
pattern vector and a ?rst one of said syndrome 
matrices; and 

shifting means to which said ?rst product is applied 
for generating a second product of said error pat 
tern vector and a second one of said matrices by 
shifting said ?rst product a predetermined number 
of times in a predetermined direction as determined 
by the difference in the orders of said ?rst and sec 
ond matrices. 

10. The invention in accordance with claim 9, 
wherein said cyclic code is chosen so that said ?rst 
syndrome matrix is a reverse identity matrix such that 
the product of a vector times this reverse identity ma 
trix is the reverse of the vector, and wherein said means 
for generating said ?rst product comprises means for 
reversing said error pattern vector. 

11. The invention in accordance with claim 10, in 
cluding: 
means for generating a parity bit for each character of 

a data word so as to form a parity vector; 
means for appending the generated parity bits of the 

parity vector to respective characters of each data 
word in a parity channel provided in each data 
group; 

means operating in conjunction with said second 
product generating means for generating a channel 
error vector indicating the presence of an error in 
one or more bit positions of a particular channel of 
a data word by logically combining said parity 
vector with at least one product of said error pat 
tern vector and one of said syndrome matrices. 

means for generating a channel-in-error signal which 
is independent of said parity and error pattern vec 
tors for indicating the likely presence of an error bit 
in a particular one or more channels of a data 
group; and 

means for correcting one or more bit errors in a chan 
nel of a data word in response to said channel error 
vector and at least one of said parity vector and said 
channel-in-error signal. 

12. The invention in accordance with claim 11: 
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wherein said check character is" generated by combin 
ing. the N characters of a data word in accordance 
with the equation E = P (mod G) where F = 
DlXN+D2XN~|+ — — — -DNX and G is selected 

so that repeating the calculation of E = F (mod G) 
with E included with the same data word'produces 
a character having the same value for all digits; 

wherein a ?rst channel error vector E(X) is generated 
in accordance with the equation: 

E(X) — [P$EPEB 1013910 

and a second channel error vector E(Y) is gener 
ated in accordance with the equation: 15 
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Em = Pew’) 

where P is said parity vector, EP is the error pat 
tern produced by operating on the data word and 
check character of a transferred data group in ac 
cordance with the equation EP = F (mod G), K1 is 
the syndrome matrix S(Y), and K2 is an inverse 
matrix related to the track separation between X 
and Y; and 

wherein the product E? Q K1 is generated by revers 
ing EP and shifting the result a predetermined num 
ber of times in a predetermined direction as deter 
mined by the difference in the orders of said iden 
tity matrix and the matrix K1. 

‘l i t i i 
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UNITED STATES PATENT OFFICE 

CERTIFICATE OF CORRECTION 

Patent No. 4,052,698 Dated October 4, 1977 

Inventor(s) Herbert U, Ragle 

It is certified that error appears in the above-identified patent 
and that said Letters Patent are hereby corrected as shown below: 

Q Col. 1, line 11, change "ratio" to —-radio-—; 
line 61 , change "count" to -—counts--. 

C01. 2‘) line 12, change "module" to -—modulo-—; 
line 68, change "stances" to --stance-—. 

Col, 4, line 26, change "67" to —-7-—. 
5 s 

Q Col. 5,1ine27, change "G=XO+X3+X4X +X "to 

line 32, change "As" to -~An---; 
lines 38-52., correct righthand decode portion of the table as follows: 

Q -~decode 
11111111 

11111111 
11111111 

11111111 
11111111 

11111111 
11111111 

11010001 
100001001010101 

»- 100111001 

011011011 
-- 100111001 

011110001 
- 100111001 

100111001 
- 100111001 

000000000 EP (error pattern) -—., 
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UNITED STATES PATENT OFFICE 

CETTFTCAE F CGRRECTION 

Patent No. 4,052,698 Dated October 4, 1977 

Inventor(s) Herbert U. Ragle 

It is certified that error appears in the above-identified patent 
and that said Letters Patent are hereby corrected as shown below: 

9 C01. 6, line 6, change "state" to ---stated--; 
line 8, change "Q" to —-®—-; 
line 15, change "Q" to --®--~; 
line 20, change "®" to -—®--; 
line 30, change "the" to --that--. 

Q Col. 7, line 4, between "EP(Y)" and "S(Y)" , insert —-®--; 
line 5, change "@" to --®---; 
line 9, between "EP" and "S (Y)", insert --®--; 

between "EP(X)" and "S(Y)" , insert ->-®--; 
line 10, change "es(Y) e£E(X)es(X)1es(Y)" to 

Q —-®S(Y)@EE(X) ®S(X)]® S(Y)-~; 
line 12, change "6", first and second occurrence, to -—-®--; 
line 14, change "E(X) $E(X) $S(X) 65(Y) = P$EP 65(Y)" to 

----E(X) @ E(X) 8 S(X)®S(Y) =P®EP®S(Y)~-; 
line 17, change "E(X)® E1es(X)es(Y)] =PeEPes(Y)" to 

. ----E(X)®LIes(X)®s(Y)] =P®EP®S(Y)~-; 
line 23, change "'9" , second occurrence, to --8—-; _1 
line 24, change "E(X) = [PeEPes(Y)]e[Ies(X)es(Y)I| "to 

--E(X) = [PeEPsWHn [1es(X)® S(Y)]"1—-; 
line 32, change "E(X) = [P(X) $EP®K1]@K2" to 

. -~E(X) = [P(X) $EP®K1J$K2~~g 
line 37, change "Q", second occurrence, to ----Q--. 

Col. 8, line 37, change "@‘N, second occurrence, to —--®-—.. 
C015 9 , line 10 , under the read group portion of the table 

change "10100001" to ..._101()()O(')1__.; 
Q line 37, change "Q" to --®-~; 

line 44, change "E(X)) ., E(Y)" to --E(X) , E(Y))-—. 
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UNITED STATES PATENT OFFICE 

@ERTIFEQATE OF CQRRECTION 

Patent No. ‘ED522698 Dated October 4‘ 1977 

Inventor ( 3) Herbert U s Ragle 

It is certified that error appears in the above~identified patent 
and that said Letters Patent are hereby corrected as shown below: 

(201:. 11, line 1, change "£9", second occurrence, to --®--; 
line 32., under the complete solution & correct portion of the 

table change "SOLGBSRD correct" to 
--SOL® S(d) correct-—; 

line 33, change "X with ESOLQBSUDII" to ---X with [SOL®S(d)]--. 
C01, 13, line 40, change "E(X) =[PG9EP@K1]©K2"£0 

---E(X) = [P®EP®K1]®_K2-~; 
line 54, change "®" to --®-~; 
line 57, change "®" , second occurrence, to --®—-; 
line 60, change "and" to --of—--. 

C01, 15, line 12, change "E(X) - IPGDEPQKUEKZ" to 
---E(X) = IP69 EP®K1II ®K2.—-. 

C01u 16, line 10, change "Q" to --®-—. 

Signed and Sealed this 
Second Day of May 1978 

|Sl~I-H.| 

RUTH ('. \I.~\S()\ LU‘I‘RELLE F. PARKER 

.irtmring ()j?cer .4cring Commissioner of Patents and Trlulcmarlu 


